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cau1(2,5diém):ChohaibiéuthfmA=L‘/mva B=‘/;+3+ Jx —X+9vc’in>O,X¢9
Jx -3 Jx -3 Ix+3 x-9

1) Tinh gia tri ctia biéu thie A khi X =3

Jx
Jx -3

2) Chirng minh B =

A
3) So sanh B va 4.

Cau 2 (2,5 diém):Cho ham s y =(M+1)X+m (véi M= —1c6 dd thi la duong thang (d)

1) Tim gi4 tri cuia m dé duong thing (d ) cét tryc tung tai diém c6 tung do 1a 1

2) Trén mit phing toa do Oxy, v& duong thing (d ) véi gia tri m tim dugc ¢ cau 1

3) Tim gid trj cia m dé dudng thang (d ) cét duong thang Y =3X+2 tai mot diém nam trén tryc hoanh
Céu 3 (1,0 diém):

x+(\/§—1)y:1

Giai hé phuong trinh:
(«/5+1)x—y=«/§+1

Cau 4 (3,5 diém):Cho dudng tron (O;R) va mot diém H ¢b dinh ndm ngoai dudmg tron. Qua H ké dudng thang d vudng géc
v6i doan thiang OH. Tir mot diém S bat ki trén dudng thing d ké hai tiép tuyén SA, SB véi duong tron (O; R) (A, B 1a tiép
diém). Goi M,N lan lugt la giao diém ctia doan thing SO v6i doan thang AB va véi dudng tron (O; R).

1) Chttng minh bén diém S, A, O, B cliing ndm trén mot dudng tron

2) Chimg minh OM.OS = R?

3) Chirng minh N 14 tim dudng tron ndi tiép tam gidc SAB

4) Khi diém S di chuyén trén duong thang d thi diém M di chuyén trén duong nao? Tai sao?
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" Cau’5 (0,5 diém):Cho ba so thyc duong X,y,Z thoaman X+y+z=1

5y° —x® +523—y3+5x3—z3 <1

Chimng minh rang P = <
§ s yx+3y*  zy+3z° xz+3x°

LG bail
Giai chi tiét:

x—2\/; +9 vl

\/;+3 \& X+9
aB= + -
Jx -3 Yx=3 Jx+3 x-9

1) Tinh gia tri ciia biéu thirc A khi X =3

3-2/3+9 (-5-V3)(v3-3)
$3-3  {B-3

Jx
Jx -3

Jx+3  x x+9
B= + -
Ix-3 x+3 x-9

B (\/;+3)2+\/;(\/;—3)—(x+9)
(Vr=3)(Vx+3)
_ X+6¢X +9+X—3/x—x-9
(V=3)(Vx+3)
X+34/x
(V=3)(Vx+3)
Jx(Vx+3)
(Vx=3)(Vx+3)

&
-

Cho hai biéu thire A= véi X>0,Xx#9

- _5-.3

Khi x=3thi A=

2) Chirng minh B =

3)Sosanh S va 4.

A x=2Yx+9 Vx -3 x-2Jx +9
B Wx-3 ~Jx W
:\/;—2+%.
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taco: VX + b >2. IX.—= =2.3=6.
Jx Vx X

Ap dung bét ddng thirc Co-si cho hai sé khong am \/; va

:
]
|
«I (o]
A
'
/

A 9
==X +—=|-226-2=4.
B ( &j

Déu “=" xay ra @\/_ziQXZQ (tm).

N

A
Vay —=>4.
E.lYB

LG bai 2

Giii chi tiét:

Cho ham s y =(M+1)X+m (véi M= —1 c6 dd thi la duong thang (d )

1) Tim gia tri cia m dé dwong thing (d ) ciit truc tung tai diém c6 tung do 1a 1

Dé duong thing (d) cét truc tung tai diém c6 tung d6 1a 1 => Piém A(O;l) thudc (d)
=1=(m+1)0+mem=1.

Vay véi m=1dudong thang (d) cét tryc tung tai diém c6 tung do 1a 1.

2) Trén mit phing toa d9 Oxy, vé dwong thing (d ) véi gia tri m tim dwgc 6 ciu 1
Véi m=1thi (d):y=2x+1

Ta co:

Cho ham'sé Y =(M+1)X+m (véi M= —1 c6 dd thi la dudng thing (d)
1) Tim gia tri cia m dé dwong thing (d ) ciit truc tung tai diém c6 tung do 1a 1
Dé duong thing (d) cét truc tung tai diém c6 tung d6 1a 1 => Piém A(O;l) thudc (d)

=1=(m+1)0+mem=1

Vay voi m=1dudng thing (d ) cit truc tung tai diém c6 tung do 1a 1.

2) Trén mit phing toa do Oxy, vé dwong thing (d) véi gia tri m tim dwoc ¢ cdu 1
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O veim=1ltm (d)y=2x+1

Ta co:

D6 thi ham s6 (d):y = 2x+1 la duong thang di qua hai diém (0;1) va (1;3)

3) Tim gia tri ciia m dé dudng thing (d ) cit duong thing Y =3X+2 tai mt diém nim trén truc hoanh

Goi dudng thing (d ) cit duong thang Y =3X+ 2 tai mot diémB nidm trén truc hoanh
G a y ‘ 2
= B 1a giao diém cua duong thang Y = 3X+ 2 v6i truc hoanh = B 3 ;0

Vi B ciing thudc (d):>O=(m+1)(—%)+m©%m—§=0<:>m=2

Vay voi m=2 théa min yéu cau d& bai.

LG bai 3

Giai chi tiét:
x+(\/§ —1)y:1
(\/§+1)x—y:\/§+1

Gidi hé phwong trinh:
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(V2 +1)x-y=+2+1
x=1-(v2-1)y
k(\/f+1)x—y=\/§+1
x=1—(J§—1)y
(-1 o=
x=1-(v2-1)y
V2 +1-(V2+1)(V2-1)y-y=+2+1

Vay nghiém cta hé phuong trinh Ié(X; y) = (1; 0)

LG bai 4
Giii chi tiét:
Cho dwong tron (O; R) va mdt diém H c6 dinh nam ngoai dwong tron. Qua H ké duong thing d vudng géc véi doan

thang OH. Tir mot diém S bat ki trén dwong thing d ké hai tiép tuyén SA, SB véi dwong tron (O; R) (A, B la tiép diém).

Goi M,N lan lwgt 12 giao diém ciia doan thang SO véi doan thang AB va véi dwong tron (O; R) .
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1) Chirng minh bén diém S, A, O, B ciing nam trén mdt duong tron

Ta c6 SA,SBIa hai tiép tuyén cia (O) = ZOAS = ZOBS =90°

= A, Bcung thudc duong tron duong kinh OS

= A, B, O, Scung thugc mot duong tron duong kinh OS.

2)Chirng minh OM .0S = R?

Ta c6 SA, SBIa hai tiép tuyén cua (O) cit nhau tai S

= SA =SB va SO la phan gidc ZASB (tinh chat 2 tiép tuyén cit nhau)

= ASAB la tam giac can tai S.

=>S0 vira la phan giac ZASB vira 1a duong trung truc ciia AB (tinh chit tam giac can)
= SO L AB tai M.

=> AMIa duong cao trong tam giac OAS

Xét tam giac OAS vuong tai A, duong cao AMta co:

OM.OS = OA? = R? (hé thirc vé canh va dudng cao trong tam giac vudng)

3) Chirng minh N 13 tAm dwong tron noi tiép tam giac SAB

C6 £OBS =90° (SB la tiép tuyén ctia (O))=> ZOBN +ZNBS =90° (1)

C6 SO L AB (chimg minh trén) = Tam giac MNB vudng tai M= ZMNB + ZNBM =90° (2)

C6 ON =OB =R = Tam giac ONB cén tai O = /MNB = ZOBN (tinh chét tam giac can) (3)
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T (2),(2),(3)

Mgt khac SN Ia phan gidc ZASB (tinh chat hai tiép tuyén cét nhau) va SN BN ={N}

— /NBS = /NBM =BN laphangisc £SBA

=>N 1a tim dudng tron ndi tiép tam giac SAB.
4) Khi diém S di chuyén trén dwong thing d thi diém M di chuyén trén dwong nao? Tai sao?

Goi HONAB ={K} .

Xét AOMK va AOHS c6: £0 chung; ZOMK = ZOHS (=90°)

= AOMK ~ AOHS (g.9) = oK =%:> OK.OH =OM.0S =R?
0S OH

Vi H ¢b dinh = OH ¢6 dinh ma R ¢6 dinh=>OK ¢b dinh.
Mit khac ZOMK = 90° =M thudc duong tron duong kinh OK ¢é dinh.

Vay khi diém S di chuyén trén duong thing d thi diém M di chuyén trén duong tron duong kinh OK ¢6 dinh.

LG bai 5
Giai chi tiét:
Cho ba sb thuc dwong X,Y,Z théamin X+y+z=1

5y®—x* +523—y3 5x* - 7°

+ <1
yx+3y?  zy+3z° xz+3x°

Ching minh ring P =

33
Sy—XZSZy—x<:>5y3—x3£ — X’y +6y° —xy?

Véi X,Y,2>0 taco:
yX+3y

X +y = xy(x+y) >0 (x+y)(x—y)* > 0luén ding véi moi X, y >0,

5y —x3
:>y—2£2y—xd1’mgv(yi X,y,2>0
yX+3y
3 3 3 3
z7° — 5x° -z
Tuong tu ta duoc y2 <27-Y,———5 <2X-1
+3z XZ + 3X

:5y3—x3 +523—y3+5x3—z3

:>P 2 2 2
yXx+3y° zy+3z° xz+3X

<2y —-X+22-y+2x—-72=x+y+z=1

. X z 1
Dau ‘=" xay ra khi oS X=y=21==
X+y+z=1 3
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