LOigiaihGy.com

PE THI GIUA HQC Ki I - Pé 56 2
Mon: Toan - Lép 11
B¢ sach Chan troi sang tao
BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

Muc tiéu

- On tdp cdc kién thirc vé ham sé lwong gidc va phirong trinh heong gidc, day so6, cdp sé cong, cdp soé nhdn,
dwong thang va mdt phang trong khong gian, quan hé song song trong khéng gian ciia chwong trinh sdch
giao khoa Toan 11 — b¢ sdach Chdn troi sang tao.

- Van dung linh hoat ly thuyét da hoc trong viéc gidi quyét cdc cdu héi trdc nghiém va tw lugn Todn hoc.

- Tong hop kién thire dang hé thong, dan trdi cdc bai hoc — chwong trinh Toéan 11.

Phin tric nghiém (5 diém)
Cau 1: Cho goc luong giac (Ov, Ow) c6 sb do 1a 4_575 goc luong giac (Ou, Ow) c6 s6 do 1a %ﬂ S6 do goc

luong giac (Ou, Ov) la:

A. g+k2n(keZ) B. 3€75+k271:(keZ)

D.Ca A, B, C déu sai

C. _?n+k2n(k EZ)

Céu 2: Cho cosx = -1 Vi Tax<n. Chon dap an dtng:

A. sinx+cosx=2\/§_l B. sinx+cosx:2\/§Jr1
C. sinx+cosx=2\/§_1 D. sinx+cosx=2\/§+1
Cau 3: Cho Sinoc+COSoc=% . Khi dé:
A. sin20c=E B. sin 2a=—3
16 16
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C. sin2(>c:3 D. sin 20L:—E
16 16

Cau 4: Cho ham sé y =f(x) véi tap xdc dinh 1a D, ham s6 y =f (x) la ham sé & néu:
A. ¥xeD thi —xeD va f(-x)=-f(x) B. VxeD thi -xeD va f(-x)=f(x)

C. vxeD thi -xeD va f(-x)=-2f(x) D WxeD thi —xeD véf(—x):—%f(x)

Cau 5: Trong Dia Ii, phép chiéu hinh try duoc st dung dé v& mot ban do e
phang nhu trong hinh v&. Trén ban d6 phang lay dudng xich dao lam truc i

hoanh va kinh tuyén 0° 1am tryc tung. Khi d6 tung d6 cua mot diém c6 &

Vi do ¢°(~90 < ¢ <90) duoc cho bsi ham sé y:20tan(%(pj(cm). ousn LT TV (S ﬂ
sang SF ) TT a
o T
4 I

céch xich dao khdng quéa 20cm trén ban do. VHE

St dung db thi ham sé tang, hay cho biét nhitng diém & vi d6 ndo nam

A.vido —45° dén 45° B. vi d 45° dén 90°

C.vido —60° dén 60° D. vi d6 —30° dén 30°
CAu 6: Sir dung may tinh cam tay dé giai phuong trinh tanx —6=0 véi két qua 1a radian (lam tron két qua
dén hang phan nghin) 1a:

A. X~11,405+kn,keZ B. Xx~1,406+kn,keZ

C. x~11,405+k2n,keZ D. x~1,406+k2n,k e Z

Cau 7: C6 bao nhiéu sé nguyén m sao cho phuong trinh 2sin® X —sinxcosx —cos® x =m ¢6 nghiém?

Al B.2
C.3 D.4
A Y SR s 10101 101 2 2 U S
Céu 8: Cho day so c6 cac so hang dau la: Z'F;F;F,F;... So hang tong quat cua day so nay la:
1 1
A Un = 4n+2 B un = 4n+1
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C. u, \ ot D.u,= 1_1
4" 4"
- o 2 .- na+3 . i s, s NP
Céau 9: Cho day so (u,) véi u, = 1 . V&i gid tri nao cua a thi (u,) 1a day so tang:
n+
A a=3 B.a<3
C. a<4 D.a>3

Cau 10: Trong cac day sb sau, ddy nao khdng la cip sé cong?
A. 31-1-3,-5 B. 5,2,-1,—4,-7

C. 2.4:6:8:10 D. 1.2:3,5:8

Céau 11: Cho cép sé cong ¢ u, = 2017,u, =1945. Sb hang tong quét cta cap s6 cong nay la:
A. u, =-24n+2065 B. u, =24n-2065

C. u, =—12n+ 2065 D. u, =12n—2065

Cau 12: Sinh nhat lan thir 20 clia An vao ngay 01 thang 5 nam 2018 duong lich. An muén mua mot mén qua
dé 1am qua sinh nhat cho chinh minh nén An quyét dinh nudi lon dat. An bit dau bo vao lon 1 000 ddng vao
ngay 01 thang 02 nam 2018. Trong cac ngay tiép theo, ngay sau An bo tién vao lon dat nhiéu hon ngay trudc
d6 2000 ddng. Hoi dén ngay sinh nhat minh, An c6 bao nhiéu tién dé mua qua (ngay nudi lon dat tinh tir ngay
01 thang 02 nam 2018 dén hét ngay 30 thang 04 nam 2018)?

A. 7925 000 dong B. 7 921 000 dong

C. 7920 000 dong D. 6 920 000 ddng

Cau 13: Day s6 (u,) nao sau day la day sb giam?
A. 1,2;3,4;5;... B.1-12;,-2;...

C. -1-2:-3-4.-5... D.Ca A, B, C déu sai

Cau 14: Hinh chép ta giac thi c6 mat bén la hinh gi?
A. Hinh tam giac B. Hinh tir giac

C. Hinh ngii giac D. Ca A, B, C déu sai

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT tif1dp 1 - 16p 12 tét cé cac mén




LOigiaihGy.com

Cau 15: Véi ba du’ong thérig a,b,c fkhc;m’g cﬁng nzlim/trohg‘ mot rmafft ﬁhér‘lgrvé cﬁhg di Qua mot diém O,ta

xac dinh dwoc bao nhiéu mat phang?
A. 1 miat phang B. 2 mat phang

C. 3 mit phang D. 4 mit phang
Cau 16: Cho tir dién ABCD. Goi M, N lan lugt 13 trung diém ciia cac canh AB, AC. Goi P 1a diém thudc
canh AD sao cho AP = 2DP . Giao tuyén cta hai mat phang (MNP) va (BCD) la:

A. EF, véi E 1a giao diém cia MN va BD, F la B. EF, véi E 1a giao diém cua MP va BD, F la
giao diém cua MP va CD giao diém cua NP va CD

C. CE, v6i E 1a giao diém ciia MP va BD D.Ca A, B, C ddu sai.

CAu 17: Hai duong thing ndm trong cung mot mit phing va khong c6 diém chung thi hai dudng thing do:
A. Chéo nhau B. Song song

C. Cit nhau D. Trung nhau
CAau 18: Cho hai hinh binh hanh ABCD va ABEF khong cliing ndm trong mot mit phang. Goi G, H 1an lugt
1a giao diém cua hai dudng chéo hinh binh hanh ABCD va ABEF. Khang dinh nao duéi day dang?

A. Tt giac CEFD la hinh binh hanh B. Tu giac CEFD la hinh thoi

C. Tu gidc CEFD Ia hinh chir nhat D. Tt giadc CEFD la hinh vudng
Cau 19: Cho tir dién ABCD. Goi M, N, P, Q lan luot 1a trung diém caa AB, CD, BC, AD. I 1a giao diém cua
MN va PQ. Khing dinh nao sau dy ding?

A MI:ZMN B. MlleN
3 3
C. MlngN D. MI:%MN

Cau 20: Cho tam giac ABC can tai A. Biét d6 dai canh day BC, dudng cao AH va canh bén AB theo thtr tyr

1ap thanh cap s6 nhan véi cong boi q. Khiang dinh nao duéi day dung?

2 _N2+1 5. g2 =221

A.
a 2 2
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\/5 +1
4 ' 4
Phin ty luin (5 diém)

Bai 1. (1,5 diém)

C.q°=

1) Giai cac phuong trinh sau:
a) cot(lx+ﬁj =1
2 4

b) sinx+sin2x =0

2) Tim gia tri I6n nhét, gia tri nho nhét cuia ham s y =1+ 2sin? x —3cos® x

3) Cho phuong trinh: (1-m)tan® x 2 s 3m=0. Tim m dé phuong trinh c¢6 nhiéu hon mot nghiém

COS X
trén (O;Ej.
2

Bai 2. (1,5 diém)
4 4 - 1 N ~ A 14 2 , 7 4
a) Cho cap so cong (u, ) véi u, = 3 va u, +Uu, +u, =-1. Tim cong thac so hang tong quat u, cua cap so

cong do.

b) Cho day s6 ¢ cac s hang dau 1a 4; 8; 12; 16; 20; 24;... Tim sé hang tong quét cua day sé do.

Bai 3. (1,0 diém) Cho hinh chép S. ABCD. Goi O la mét diém nam trong tam giac SCD. Xéc dinh giao
diém cua duong thang BO va mit phang (SAC).

Bai 4. (1,0 diém) Cho tir dién ABCD. M6t mit phang cit bon canh AB, BC, CD, DA 1an luot tai cac diém
M, N, P, Q.

a) Chirmg minh rang cac dudng thing MN, PQ, AC d6i mét song song hodc dong quy.

b) Ching minh rang cac duong thang MQ, NP, BD d6i mot song song hodc dong quy.
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Phin tric nghiém (5 diém)

< H

UONG DAN GIAI CHI TIET
THUC HIEN: BAN CHUYEN MON LOIGIAHAY.COM

Caul:B Cau2:C Cau3:D Cau4: A Cau5: A

Cau6: B Cau7:D Céaus: C Cau9:D Cau 10: D
Cau 11: A Cau12:B Cau 13:C Cau 14: A Céu 15: C
Céu 16: B Cau17:B Céau 18: A Cau19: D Céau 20: A

Cau 1: Cho goc luong giac (Ov, Ow) c6 sb do 1a 4—;, goc luong giac (Ou, Ow) c6 s6 do 1a %" S6 do goc

luong giac (Ou, Ov) la:

3n

A. g+k2n(keZ) B. €+k2n(keZ)

_ D.C4A,B 5U sai
C.?n+k2n(kez) Ca A, B, C déu sai

Phwong phap
Str dung hé thirc Chasles: Vi ba tia tuy y Ou, Ov, Ow, ta co:
(Ou,0v)+(Ov,0w)=(Ou,0w)+k2r(k € Z)

Loi giai

n 4n_3_n

Theo hé¢ thuc Chasles ta c6: (Ou,Ov)=(Ou,0w)—(Ov,0w)+k2n(keZ) = T

Pap an B
CAu 2: Cho cosX = —* véi ™ <x < 1. Chon dap én ding:

A. SiInX+CoSX = B. sinX+cosx =

23-1 23 +1
3 3

N

-

2

C. sinx+cosx = D. sinXx+C0SX =

2\/§+1
3

w

Phwong phap
Sir dung cong thirc: sin® oi+cos” o =1.

Léi giai

~ TC A .
Vi E<X<n nén sinx >0

c +k2TC(k EZ)
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Ta co: cos? X +5in? x =1=>sin X = v/1—cos? X =,/1—(—%) =¥
1 222 2J2-1

Do d0, SinX+C0SX = —+——=
3 3 3

Pap an C

Cau 3: Cho sina+cosa :% . Khi do:

A. sin Zoc:E B. sin za:_ﬂ
16 1
C. sin20c:i D. sin20c=—E
16 16
Phwong phap

Sir dung cbng thirc: sin® ou+cos® o =1,sin 200 = 2sin o.COS ot
Loi gidi
- 1. 1 ., . , 1
Taco: sino+coso===>(sina+cosa) =-—=sin”a+2sino.cosa +Cos”* o = —
4 16 16
:>sin20c:i—(coszoc+sin2on):i—lz_—15
16 16 16
Pap an D

Cau 4: Cho ham s6 y =f (x) véi tap xac dinh 1a D, ham s6 y =f (x) la ham s6 Ié néu:
A. VxeD thi -xeD va f(—x)=—f(x) B. vxeD thi -xeD va f(—x)=f(x)

1

C. VxeD thi -xeD va f(—x)=-2f(x) D. ¥xeD thi —xeD va f(-x)=-=f(x)
2

Phwong phap

Cho ham s6 y =f (x) véi tap xac dinh 1A D, ham s6 y=f (x) laham s l¢ néu ¥xeD thi -xeD va
f(—x)=-f(x)

Loi giai

Cho ham s6 y =f (x) veéi tap xac dinh 1a D, ham s6 y = (x) 1a ham sb chan néu ¥Yx e D néu Vx e D thi
—xeD va f(—x)=—f(x)

Pap an A
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~ Cau 5: Trong Dia If, phép chiéu hinh try dugc sit dung dé vé motban dd =i v e wswse
phing nhu trong hinh v&. Trén ban db phang lay duong xich dao 1am truc i

hoanh va kinh tuyén 0° 1am tryc tung. Khi d6 tung d6 cua mot diém cé ..

vido ¢”(-90 < ¢ <90) dugc cho bai ham sé y =20tan (% (pj(cm) . Noudn Z

sang

3 P

r‘_.‘
T3
==3

Str dung db thi ham sé tang, hay cho biét nhitng diém & vi d6 ndo nam

céch xich dao khdng qué 20cm trén ban do. N} -1
\ ’. 1
AL
=
A.vido —45° dén 45° B. vi do 45° dén 90°
C.vido —60° dén 60° D. vi @6 —-30° dén 30°
Phwong phap

Str dung kién thirc vé d thi ham sé y = tan x
Loi giai
YA

i
s L]
EE

=~ Q

=y

IRTEC ) S
po

|
[
Sla LD

Vi diém nam cach xich dao khéng qua 20cm trén ban d6 nén ta c6: —20 <y < 20

Khi d6 —20 < 20tan (L(p] <20 hay —1< tan (i(pj <1
180 180

Taco: —90 < <90 khivachikhi —= <~ <=
2 180" 2

Xét d6 thi ham sé y = tan x trén khoang (—g;gj:

Ta thiy —1< tan (L(pj <1 khi va chi khi —Z <= <™ hay —45<@<45. Vay trén ban dd, cac didm
180 47180 4

cach xich dao khdng qua 20cm nam & vi do —45° dén 45°.

Pap an A

CAu 6: Sir dung may tinh cam tay dé giai phuong trinh tanx —6=0 véi két qua 1a radian (lam tron két qua
dén hang phan nghin) la:

A. X~11,405+kn,keZ B. Xx~1,406+kmn,keZ
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C. x~+1,405+k2n,keZ D. x~1,406+k2n,keZ
Phuwong phap
Str dung may tinh cam tay dé tim nghiém cua phuong trinh gan dung ctia phuong trinh.
Phuong trinh tano =tanm c6 nghiém la oo =m+kn,k € Z
Loi giai
Taco: tanx—-6=0<tanx =6

Sau khi chuyén may tinh sang ché do “radian”. Bam lién tiép:

SHIFT tan 4] =

Ta duogc két qua gan dung 13 1,406.
Vay phuong trinh tanx —6=0 c6 c&c nghiém la x ~1,406+kn, ke Z
bap an B

Cau 7: C6 bao nhiéu sé nguyén m sao cho phuong trinh 2sin? x —sinxcosx —cos®> X =m ¢6 nghiém?

Al B.2
C.3 D.4
Phuong phap

Str dung kién thirc: Phuong trinh asinx+bcosx =¢ ¢é nghiém khi ¢ <a® +b?
Loi gidi

25in? X —SiN X COSX —C0S? X =M <> 2.%—%% 2x—%(1+0052x)= m

<> sin2x+3c0s2X =—-2m+1 (*)

1-10 1++/10

<Sm<
2 2

Phuong trinh (*) ¢6 nghiém khi: (1-2m)’ <1+9 < 4m*-4m-9<0 <

Ma m 12 sé nguyén nén m e {-1,0;1;2}. Vay c6 4 gi tri cia m thoa mén bai toan

Pap an D
A Y SR P R A A 2 2 U SEEGR
Céu 8: Cho day so c6 cac so hang dau la: Z;?;F;F;E;... So hang tong quat cua day so nay la:
1 1
A u,= 4n+2 B. u,= 4+
1 1
C. Un :4_n D. Un = 4n—1

Phwong phap
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Tim cong thiic s6 hang tong quét ciia ddy s6 s6 (u, ) cho bing cach liét ké: Bién doi mot vai s6 hang cua
déy s6 sao cho cac s d6 c6 chung mot quy luat. Tir d6 du doan cong thic cia (u,, ) theo n dé tim dugc cong

thirc cua s6 hang tong quat.

Loi giai

1 1 1 1 1 . . y , A Z1s 1
ulzﬁ;u2 :F;%:F;u"zF;us:E;'" nén ta du doan so hang tong quat cua day so la u, = —
Pap an C

A A X - NA+3 . i s, N N
Céu 9: Cho day so (u,) véi u, = . V6i gid tri nao cua a thi (u,) la day so tang?

n+1

A. . a=3 B.a<3
C. a<4 D.a>3
Phwong phap

Day s6 (u,) duoc goi la ddy so ting néu u,,, >u, véi moi neN*.

Loi giai
Taco: u,,, = (n+1)a+3 _fata+s
n+1+1 n+2
&t U U = na+a+3 na+3 (na+a+3)(n+l)-(na+3)(n+2)
B ) n+l (n+1)(n+2)
_n*a+na+3n+na+a+3-n‘a-3n-2na-6  a-3
- (n+1)(n+2) _(n +1)(n+2)
Dé (u,) laddy so ting thi u,,, —u, >0 véi moi ne N*, tic la W_(iﬂ)ﬂ) V6i moi ne N*
Ma (n+1)(n+2)>0 v6i moi neN* nén __87° . 0oa-3>0ca>3
(n+1)(n+2)
Vay (u,) laddy sé tang khi a >3
Pap an D
Cau 10: Trong cac day sb sau, ddy nao khdng la cip sé cong?
A. 31-1-3,-5 B. 5;2,-1,—4,-7
C. 2,4,6;8;10 D. 1,2;3;5;8
Phwong phap

Cép sb cong la mot day sd, trong d6 ké tir s6 hang thir hai, mi sé hang déu bang téng cua sé hang dirng
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" ngay truc n6 voi mot 6 khong doi d, tac & u, =u,_, +d véin=2
Loi giai
Xét day sb: 1,2;3;5;8 tathdy, 2=1+13=2+15=3+2 nén day sb 1;2;3;5;8 khdng phai cap sb cong
Céc day s6 con lai, ké tir s6 hang thtr hai tro di, mdi s6 hang déu bang téng cua s6 hang dimng ngay trudc nd
cong véi mot s khong doi nén céc day sb 1a cap s cong.
Pap an D

Céau 11: Cho cip sé cong ¢ u, = 2017,u, =1945. S6 hang tong quét ctia cap s6 cong nay la:

A. u, =-24n+2065 B. u, =24n-2065
C. u, =-12n+2065 D. u, =12n-2065
Phwong phap

Néu cap s6 cong (u, ) ¢ sé hang dau u, va cong sai d thi sé hang tong quat u, ciia nd duge xac dinh theo

cong thirc: u, =u, +(n-1)d

Léi giai
u,=2017 [u,+d=2017 (3d=-72 d=-24
= = =
U, =1945  |u,+4d=1945  |u,+d=2017  |u, =2041

Do do, u, =2041+ (n —1)(—24) =-24n + 2065

Pap an A

Cau 12: Sinh nhat lan thir 20 clia An vao ngay 01 thang 5 nam 2018 duong lich. An muén mua mot mén qua
dé 1am qua sinh nhat cho chinh minh nén An quyét dinh nuéi lon dat. An bit dau bo vao lon 1 000 ddng vao
ngay 01 thang 02 nam 2018. Trong cac ngdy tiép theo, ngay sau An bo tién vao lon dat nhiéu hon ngay truéc
d6 2 000 dong. Hoi dén ngay sinh nhat minh, An ¢ bao nhiéu tién dé mua qua (ngay nudi lon dat tinh tir ngay
01 thang 02 nam 2018 dén hét ngay 30 thang 04 nam 2018)?

A. 7925000 dong B. 7 921 000 dong
C. 7920 000 dong D. 6 920 000 ddng
Phwong phap

Cho cép s6 cong (u,) c6 s6 hang dau u, va congsai d. Dat S, =U, +U, + U, +...+U, .

(u+u,)n _ [2u, +(n-1)d]n
2 2

Khi dé: S, =
Lo giai
Sb tién nudi lon ciia An mdi ngay lap thanh mot cap sé cong c6 s6 hang dau u, =1000, cong sai d =2 000.

Cép sb cong nay gdom c6 89 sb hang.
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=7921000 (ddng)

L , "2.1000+(89—-1)2 000189
Tong so tien An nhét vao lon dat la: S= [ ( ) ]

2
Pap an B
Cau 13: Dy s6 (u,) nao sau day la day sb giam?
A. 1.2:3:4:5;... B.1-1.2;-2;...
C. -1-2:-3-4:-5:... D. Ca A, B, C déu sai

Phwong phap

Day s6 (u,) duoc goi la ddy s6 giam néu u,,, <u, véi moi neN*,

n+l
Loi giai

Vi -5<-4<-3<-2<-1néndiysd —1,-2;-3;,-4;-5;... la day sb giam
Pap 4an C

Cau 14: Hinh chodp ti giac thi c6 mat bén la hinh gi?

A. Hinh tam giac B. Hinh t&r giac
C. Hinh ngii giac D.Ca A, B, C déu sai
Phuong phap

Trong hinh chép SAA,...A, cac tam gidc SAA,,SAA,,....SA A, duoc goi la cdc mat bén.

Loi giai

Hinh chdp tir giac thi cé mat bén la hinh tam giac.

Pap an A

Cau 15: Véi ba dudng thing a, b, ¢ khong ciing ndm trong mot mat phang va ciing di qua mot diém O, ta

xac dinh dugc bao nhiéu mat phéng?

A. 1 mat phing B. 2 mit phang
C. 3 mit phang D. 4 mit phang
Phwong phap
Mot mat phing duge xac dinh néu biét né chira hai duong thang cat nhau.
Lo giai
Ta x4c dinh duoc 3 mit phang 1a: mp (a, b), mp (b, ), mp (c, a). Vay c6 3 mat phiang thoa man yéu cau bai
toan
Pap an C

CAu 16: Cho tir dién ABCD. Goi M, N lan luot 1a trung diém cta cac canh AB, AC. Goi P 1a diém thudc

~ canh AD sao cho AP ’:VZDP_._Giaq_tuyér} cua hai mat ph_'fl_ng (MNP) va (BCD) la:
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A. EF, voi E 1a giao diém ciia MN va BD, F la B. EF, véi E 1a giao diém ciia MP va BD, F la

giao diém cua MP va CD giao diém cua NP va CD
C. CE, v6i E 1a giao diém ciia MP va BD D.Ca A, B, C déu sai.
Phuwong phap

Néu hai mat phan biét (P) va (Q) c¢6 diém chung thi ching c6 mét duong thang chung duy nhat d chira tat ca
cac diém chung cua hai mat phing d6. Puong thiang d d6 goi 12 giao tuyén caa hai mit phang (P) va (Q), ki
hicu d = (P)~(Q)

Loi giai

Trong mit phang (ABD), goi E 1a giao diém ctua MP va BD. Khi d6, E (MNP)~(BCD)
Trong mit phang (ACD), goi F 1a giao diém ctia NP va CD. Khi d6, Fe(MNP)(BCD)
Vay EF 1a giao tuyén cta hai mat phang (MNP) va (BCD)

Pap an B

CAu 17: Hai duong thang nam trong ciing mot mat phang va khong c6 diém chung thi hai dudng thing do:
A. Chéo nhau B. Song song

C. Cit nhau D. Trung nhau
Phuong phap
Hai duong thang nam trong cing mdt mit phang va khong c6 diém chung thi hai dudng thiang d6 song song
v6i nhau.
Loi giai
Hai dudng thang nam trong ciing mot mit phang va khong c6 diém chung thi hai duong thang d6 song song
v61 nhau.
Pap an B
Céu 18: Cho hai hinh binh hanh ABCD va ABEF khong cung nam trong mot mat phéng. Goi G, H lan luot
1a giao diém cua hai dudng chéo hinh binh hanh ABCD va ABEF. Khang dinh nao du6i diy ding?

A. Tt giac CEFD la hinh binh hanh B. Tu gidc CEFD la hinh thoi

C. Tt giac CEFD la hinh chir nhat D. Tu giac CEFD la hinh vudng
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~ Phwongphap
Néu hai duong thang phan biét cling song song véi mét duong thang tha ba thi ching song song véi nhau.

Loi giai

Vi G, H lan lugt 14 giao diém cua hai duong chéo hinh binh hanh ABCD va ABEF nén G 1a trung diém ctia
AC va BD; H 14 trung diém cta AE va BF.
Tam giac ACE ¢6 G, H lan luot 13 trung diém ctiia AC va AE nén GH la dudng trung binh cta tam giac

ACE. Do do, GH//CE va GH = %CE .

Tam giac BDF ¢6 G, H 1an luot 13 trung diém cua BD va BF nén GH 1a dudng trung binh cua tam giac BDF.

Do do, GH//DF, GH :%DF .

Suy ra, CE//DF, CE =DF. Vay tt giac CEFD la hinh binh hanh.

Pap an A

Cau 19: Cho tir dién ABCD. Goi M, N, P, Q lan luot 1a trung diém caa AB, CD, BC, AD. | 1a giao diém cua
MN va PQ. Khing dinh nao sau dy ding?

A MIz%MN B MI:EMN
C. MI:EMN D. MI=1MN
3 2
Phwong phap

Néu hai dudng thang phan biét cing song song véi mot dudng thang thir ba thi ching song song véi nhau.

Léi giai

ViM, P lan luot 1a trung diém ctia AB, BC nén MP 1a dudng trung binh cua tam giac ABC. Do d6, MP//AC,

MP:EAC
2
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© ViN, Q ln luot la trung diém cta CD, AD nén NQ la duong trung binh ciia tam gidc ADC. Dods,

NQ//AC, NQ = %AC

Do d6, MP//NQ, MP = NQ, suy ra t&r giac MPNQ 1a hinh binh hanh. Vay Ml = % MN

Pap an D
Céu 20: Cho tam giac ABC can tai A. Biét d6 dai canh day BC, duong cao AH va canh bén AB theo thu tu

1ap thanh cap s6 nhin v6i cong bdi q. Khing dinh nao duéi day dung?

A. qZ:\/§+1 B. q2=2\/§—1
2 2
C. q2=\/§Jrl D. q2=2\/§_1
4 4
Phuong phap

Cép sb nhan 1a mot day sd, trong d6 ké tir s6 hang thir hai tré di, mdi sb hang déu bang tich caa sé hang

ngay dung trudc né véi mot sé khong doi g, ticla u, =u, ,.q, véi n>2

Loi giai
A
; 1 :
B H C
Vi BC, AH, AB theo thir tu 1ap thanh cép s6 nhan nén ta c6: AH =BC.q, AB=AH.q=BCg?, suy ra
AH? =BC.AB
AB_
BC

. . 3 ) ; B
Vi tam gidc ABC can tai A nén AH la duong cao dong thoi 1a duong trung tuyén nén BH = 7C

Ap dinh 1i Pythagore vao tam giac ABH vuong tai H c6:

BC

AH’ = AB* —-BH? = AB’ - 2 -4—-1=0

BC? :4(ABJZ AB
BC

BC 2 BC

AB_ 241 1o AB o)
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Vay q° = e V241
BC 2

Pap an A

Phin ty luin (5 diém)

Bai 1. (1,5 diém)

1) Giai cac phuong trinh sau:
a) cot(lx+ﬁj =1
2 4

b) sinx+sin2x =0

2) Tim gié tri 16n nhat, gié tri nho nhat cua ham s6 y =1+ 2sin® x —3cos® X

3) Cho phuong trinh: (1-m)tan® x % s 3m=0. Tim m dé phuong trinh c¢6 nhiéu hon mot nghiém

COS X
trén (O;EJ.
2

Phwong phap

a) Goi o 1a 56 thyc thudc khoang (0;7) sao cho coto =m. Khi do, véi moi me R, ta co:
cotx =m< cotx =cota < X =o+kn(keZ)

b) sinx=o@x:kn(kez),cosx=o@x=g+kn(kez)

2) Sir dung kién thic —1<sinx <1

3) St dung kién thac: cosx:0<:>x:g+kn,keZ

Léi giai
1)

a) cot 1x+E =1« cot lx+E =COIE<:>1X+E:£+kn(keZ)<:>X=k2n(keZ)
2" 4 274 4 27 4 4

Vay phuong trinh da cho ¢6 ho nghiém la: x = k2n(k € Z)

5 x sinSX_0 | X _kx L 2kn
b) sinx +sin2x =0 < 2sin—cos==0 < 2 o) 2 (keZ)e= 3 (keZ)
2 X X =
COSEZO E=E+kﬂ: X=n+k2n

Vay phuong trinh da cho c6 ho nghiém la: x = 2—zn;x =n+k2n(keZ)

2) Taco: y=1+2sin* x —3cos’ X =1+2sin® x—3(1-sin” x ) = -2+ 5sin” X

Vi 0<sin?x<1VxeR=-2<-2+5sin’x<3vxeR

Do d6:
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+ Gi4 tri 16n nhat cia ham sé bing 3, dat duoc khi sin?x =1 cos?x =0 < x =~ +kn,k e Z
+ Gié tri nho nhat cua ham sé bang -2, dat dugc khi sin*x=0< x=kn,keZ

3) Piéu kién: cosx =0 < X ¢g+kn(k €Z)

(1—m)tan2 x—i+1+3m =0 < (1-m)sin®x—2cosx +(1+3m)cos* x =0
COS X

<1-m—cos® X +Mmcos® X —2c0S X + €0s? X +3mcos?x =0

< 4mcos® X —2C0SX +1-m =0 < m(4c032x—1)—(2cosx—1):0

1
& (2cosx—1)(2mcosx+m-1) =0 | " 2

2mcosx =1-m

Xét cosx:%<:>x:ig+kn(kez), do XE(O;g) nén ta c6 mot nghiém la x:g

Do d6, dé thoéa man yéu cau bai toan thi phwong trinh 2mcosx =1—m phai c6 nghiém x € (0;%) . Diéu nay

xay ra khi m=0 va cosx il e(O;l)\{l}

2m 2
m=0 m=0
= 0<1_—m<1c> 1<m<1<:>me 1;1 \ 1
2m 3 3 2
1-m 1 1
— = m ==
2m 2 2

Bai 2. (1,5 diém)
s ) 1 . . . . ) . s
a) Cho cap so6 cong (un) VoI U, = 3 va u, +U,+u,; =-1. Tim cong thic s6 hang tong quat u,, cua cap so

cong do.
b) Cho day s6 ¢ cac s hang dau 1a 4; 8; 12; 16; 20; 24;... Tim sé hang tong quét cua day s do.
Phwong phap
a) Néu mot cap s6 cong (u, ) c6 s6 hang dau u, va cong sai d thi so hang tong quéat u, ciia né dugc Xac
dinh boi cong thuc: u, =u, +(n—-1)d,n>2
b) Tim cdng thic s6 hang tong quat cua day s6 s (u,, ) cho bai hé thirc truy hdi: Tinh mét vai sé hang dau
cua day s6. Tir d6 du doan cong thic cua (u,,) theo n dé tim dugc cdng thic ciia s6 hang tong quat.
Loi gidi
1 4 1 4 2

a) Taco: u +u,+U,=—1=u +d+u, +2d=-1-== :>2.§+3d:?:d=?
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Do d6, s6 hang tong quat caa cap sb cong la: u, =%+(n —1)(%2) = —%n +1

b) Tact: u,=4=4.1u,=8=42,u,=12=43,u,=16=4.4,u, =20=45u,=24=4.6

Vay cbng thirc caa sé hang tong quat la: u, =4n

Bai 3. (1,0 diém) Cho hinh chép S. ABCD. Goi O 1a mdt diém nam trong tam gidc SCD. Xéc dinh giao
diém cua duong thing BO va mit phing (SAC).

Phwong phap

Céch tim giao diém cua duong thang d va mét phang (o)

Truong hop 1: (o) chira dudng thang d’ va d” cat duong thang d tai 1. Khido, 1=dnd'= I=dn(a)
Truong hop 2: (o) khong chira dwong thang ndo cat d.

+ Tim mat phang (B) chtad va (o) (B)=d'

+Tim I=dnd'. Khido, | =dn(a)

Loi giai

Trong mit phang (SCD), goi M 1a giao diém cua SO va CD.
Trong mit phang (ABCD), goi N 14 giao diém ciia BM va AC.
Khi d6, N thudc mat phéng SBO.

Trong mit phiang (SBO), goi P 1a giao diém ctia SN va BO.
Vi P thuoc BOva PeSN c (SAC)

Do d6, P 1a giao diém cua BO va mit phang (SAC).

Bai 4. (1,0 diém) Cho tir dién ABCD. Mot mit phang cit bon canh AB, BC, CD, DA 1an luot tai cac diém
M, N, P, Q.

a) Chung minh rang cac duong thang MN, PQ, AC dbi mot song song hodc dong quy.

b) Ching minh rang cac duong thaing MQ, NP, BD d6i mot song song hodc dong quy.

Phwong phap

Néu ba mat phang d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén ay hoic dong quy hoic
do6i mot song song.

Loi giai
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a) Taco: (ABC) (ACD)=AC,(ABC)n(MNPQ)=MN,(ACD)~(MNPQ) = PQ

Khi d6, ba mit phang (ABC), (ACD), (MNPQ) d6i mét cit nhau theo ba giao tuyén AC, MN, PQ. Ap dung
dinh 1i vé ba duong giao tuyén cho ba mat phang trén, suy ra ba duong thang MN, PQ, AC doi mot song
song hodc dong quy.

b) Ta cé: (ABD)~(BCD)=BD,(ABD)~(MNPQ)=MQ,(BCD)~ (MNPQ) = NP

Khi d6, ba mit phang (ABD), (BCD), (MNPQ) d6i mét cit nhau theo ba giao tuyén BD, NP, MQ. Ap dung
dinh 1i vé ba duong giao tuyén cho ba mat phang trén, suy ra ba duong thang MQ, NP, BD déi mot song

song hodc dong quy.
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