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PE THI GIUA HQC Ki I - Pé s6 4
Mon: Toén - Lép 11
B¢ sach Chan troi sang tao

BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

Muc tiéu

- On tdp cdc kién thirc vé ham sé lwong gidc va phirong trinh heong gidc, day so6, cdp sé cong, cdp sé nhan,
dwong thang va mdt phang trong khéng gian, quan hé song song trong khéng gian ciia chwong trinh sach
giao khoa Toan 11 — b¢ sach Chan troi sang tqo.

- Van dung linh hoat ly thuyét da hoc trong viéc gidi quyét cdc cdu héi trdc nghiém va ty lugn Todn hoc.

- Tong hop kién thire dang hé théng, dan trdi cac bai hoc — chieong trinh Todn 11.

Phin trac nghiém (5 diém)
A . . . : 2 s 5
Cau 1: Goc lugng giac nao dudi day tuwong ung vaéi chuyén dong quay 3§ vong nguoc chiéu kim dong ho?

0
A. 1224 B AT

C. Ca A va B déu dung D. Ca A va B déu sai.
Cau 2: Chon dap an ding:

A. sin® X+4c0s? X ++/cos* X +4sin? x = %tan(x+%jtan (%—xj

B. /sin® X+ 4c0s? X ++/cos* X+ 4sin? x = 2tan(x+%)tan (%—x)

C. /sin* x+4c0s? X ++/cos* X +4sin? x = tan[x+%}tan (%— xj

D. /sin* X+ 4c0s? X ++/cos* x +4sin? x =3tan(x+%jtan (%—xj

Cau 3: Chon khing dinh dtng;
A. sin* @ —cos* o = cos 2« B. sin* @ —cos* & = —cos 2«

C. sin*a—cos* o =sin2« D. sin* @ —cos* o = —sin 2«
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‘C;'?lu ;1:‘Chon déf) an di’nig. 7

A. D6 thi ham sb chin nhan tryc tung lam truc ddi xang

B. Db thi ham s6 chin nhan truc hoanh lam truc déi xung

C. Db thi ham sb chin nhan gbc toa do lam tam ddi xting

D. Ca A va C déu dung
Cau 5: Huyét ap 1a ap luc can thiét tac dong Ién thanh caa dong mach dé dwa mau tir tim dén nudi dudng
cac mo trong co thé. Huyét ap dugc tao ra do luyc co bop cua co tim va stc can cua thanh dong mach. Mdi
lan tim dap, huyét 4p caa chung ta tang roi giam giita cac nhip. Huyét ap ti da va huyét ap tdi thiéu twong
ng 13 huyét 4p tAm thu va tim treong. Chi s6 huyét ap 120/80 13 binh thudng. Gia sir huyét &p cia mot
ngudi ndo d6 dugc md hinh héa béi ham sé p(t) =110+ 20sin(160nt). Chon d4p 4n dung.

A. Chi s huyét ap caa nguoi nay 1a 130/90 va chi sé huyét ap 1a cao hon mirc binh

thuong.

B. Chi sb huyét 4p cia nguoi nay 1a 130/80 va chi sé huyét ap 1a cao hon muc binh

thuong.

C. Chi s6 huyét ap cta ngudi nay 1a 110/70 va chi s6 huyét &p 1a thip hon mirc binh
thuong.

D. Chi s6 huyét &p cta ngudi nay la 110/75 va chi s6 huyét &p 1a thip hon muc binh
thuong.

Cau 6: Sir dung may tinh cAm tay dé giai phuong trinh v/3tanx—3=0 véi két qua I radian (1am tron két

qua dén hang phan tram) 1a:
A. X=-1,05+km,keZ B. x=1,05+km,keZ
C. Ca A va B déu ding D. Ca A va B déu sai

Cau 7: Tim tat ca cac tham sb thuc m dé phuong trinh sin® X +sinxcosx =m ¢6 nghiém.

A. msl_\/z;lh/ESm B. 1_\/§£m£1+\/E
2 2 2 2
c. melY2 D, m< Y2
2 2
A x A+ 4 g oA 1234 £ 2 T ST
Céu 8: Dy so c6 cac so hang dau la O;??Z;E;"' S6 hang tong quét cua day so nay la:
A. unzn—+1 B. un:n_+1
n-1 n
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Cau 9: Cho day sé (u,) véi u, :2_12+3i2+...+n_12,w —2; 3 4.... Ménh d& nao sau day ding?
A. Day s6 (u,) bi chan trén va khong bi chin dudi
B. Day s6 (u,) bi chan dusi va khong bi chan trén
C. Déysé (u,) bichan
D. Déy s6 (u,) khdng bi chan

Cau 10: Trong cac day sé duoc cho dudi day, day s nao 1a cap sb cong?

A. Un :8—3n B un :E
3n
C.u, =83 D. u, =8-3n

Céu 11: Mot cong ty thuc hién viéc tra lwong cho cac k¥ su theo phuong thirc sau: Murc luong cuia quy lam
viéc dau tién cho cong ty 1 14 triéu dong/ quy va ké tir quy 1am viéc thir hai, mic luong s& duoc ting 500
000 ddng mdi quy. Téng sb tién mot ky su nhan duoc sau ba nam lam viéc tai cong ty la:

A. 205 trigu dong B. 201 triéu dong

C. 209 tri¢u dong D. 203 tri¢u dong
Cau 12: Cho ba gdc cia mot tam giac lap thanh mot cap sé cong, trong d6 goc 16n nhat gép doi goc nho nhat.
S6 do goc 16n nhat caa tam giéc la:

A. 70° B. 90°

C. 60° D. 80°
Cau 13: D&y s6 gdom cac sb tu nhién 1é nho hon 20, sip xép theo thir ty tir bé dén Ion 1a:

A. Day sb hiru han: 1;3;5;7;9;11;13;15;17;19 B. Day s6 vo han: 19;17;15;13;11;9;7;5;3;1

C. Day sb vo han: 1:3:5;7;9;11:13;15;17;19 D. Day s hitu han: 19;17;15;13;11;9;7;5;3:1

Cau 14: Hinh nao trong cac hinh sau day la hinh chop tr giac?

OO HY
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A Hinh1 ' ‘ ~ B.Hinh2
C. Hinh 3 D. Hinh 4

CAu 15: Cho tam giac ABC va diém S khong nam trong mit phiang chira tam giac ABC. C6 bao nhiéu mit

phéng duoc tao thanh?
A. 6 miat phing B. 2 mit phang
C. 3 mit phang D. 4 mit phang

CAau 16: Cho hinh chép S. ABCD c6 ddy ABCD 1a hinh thang véi AB 1a day 16n. Trén doan SA, liy diém I
khong tring v6i S va A; trén doan BC 14y diém J khong trung v6i B va C. Giao tuyén cia dudng thang IJ va

mit phang (SBD) la:
A. Piém H 1a giao diém SK va IJ, véi K lagiao  B. Piém H la giao diém SE va 1, véi E 1 giao
diém cua AJ va BD diém cia AD va BC
C. Piém H 1a giao diém SD va IJ D. Diém H 1a giao diém BD va IJ

CAu 17: Cho hinh chép tam giac S. ABC. Trong céc cip dudng thing sau, cip dudng thing nao khong chéo

nhau?
A.SAvaBC B. ABvaSC
C.SBvaSC D. ACvaSB

CAu 18: Cho tir dién ABCD. Goi I, J lan luot 14 trong tAm cua cac tam giac ABC va ABD. Goi M, N lan
luot 14 trung diém cua BC va BD. Trong cac dudng thang MN, CD, BD, BC thi 1J song song véi bao nhiéu

duong thang?
Al B.2
C.3 D.4

Cau 19: Cho hinh choép tir giac S. ABCD ¢co M, N, I, K lan luot 1a trung diém cua SA, SC, AD, CD. T giac
MNKI la hinh gi?

A. Hinh thoi B. Hinh vuéng
C. Hinh chix nhat D. Hinh binh hanh
Cau 20: Chocacsb a, b, ¢ (a<b<c,ceZ) lap thanh cip s6 nhan; dong thoi a,b+8,c theo thir tu 1ap

thanh cap sb cong va a,b+8,c+64 theo thu ty 1ap thanh cp sé nhan. Gia tri biéu thuc P=a+b+c Ia:

A.52 B. 54

C.60 D. 70
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Phin ti,r luan (SKdVi-ém\)

Bai 1. (1,5 diém)

1) Giai cac phuong trinh sau:

a) sin” X —cos® X +¢0s3x =0

b) sinx++/3cosx =0

2) Tim gia tri nho nhat, 16n nhét cua ham s6 y = 2sin® x +/3sin2x
(2—sin’ 2x)sin3x

cos’ X

3) Phuong trinh tan*x +1= ¢6 bao nhiéu nghiém thuoc (g;nj?

Bai 2. (1,5 diém)
a) Cho cap s6 cong (u,) c6 u, =4,u, =10. Tinh uy,.

b) Cho day sb (u, ): (un):{ul - —. Tim cong thirc $6 hang tong quét cua day so trén.

Unp =+1+Up
Bai 3. (1,0 diém) Cho hinh chép S. ABCD c6 ddy 1a hinh binh hanh tdm O. Goi M 1a trung diém cua SB. N
1a diém trén canh BC sao cho BN =2CN . Xac dinh giao tuyén clia mat phing (SCD) va mit phang (AMN).
Bai 4. (1,0 diém)
a) Cho hinh chép S. ABCD c6 ddy 1a hinh thang vai ddy 16n 13 AB. Goi |, J lan luot 14 trung diém cua AD
va BC va G la trong tam cuia tam giac SAB. Tim giao tuyén cua mit phang (SAB) va mit phang (1JG)

b) Cho hinh chép S. ABCD c6 day ABCD la hinh binh hanh. Goi G,,G, lan lugt la trong tam cac tam giac

SAB va SCD. Goi M, N lan luot 14 trung diém cia AB, CD. Chang minh rang G,G, //AD//BC
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Phin tric nghiém (5 diém)

= HUGN

G DAN GIAI CHI TIET
THUC HIEN: BAN CHUYEN MON LOIGIAHAY.COM

Caul: C Cau 2:D Cau 3: B Cau4: A Caus: A Cau 6: B Cau7:B Cau 8: C
Cau9: C Caul0:D (Caull:B |Caul2:D |Caul3:A |[Ciul4:B |Cauls:D |Caule: A
Caul7:C |Caul8:B |Cau19:D |Céau20: A

Cau 1: Goc luong giac nao dudi day twong tng véi chuyén dong quay 3% vong nguoc chiéu kim dong ho?

34n

0
A. 1224 B. ?rad

C. Ca A va B déu dung D. Ca A va B déu sai.

Phwong phap

Mot vong quay cia kim ddng hd tng véi 360 46, 1 = & rad va 1rad = (@j .

T
Quy udc chidu quay nguoc vai chidu kim dong hd 1a chiéu duong.
Loi gidi
3% vong duong tron tng voi: 3%.3600 =1224° = 34?75 rad
Pap an C
Cau 2: Chon dap an ding:

A. /sin® X +4c0s? X ++/cos* X+4sin? x = %tan(x+%jtan (%—xj

B. /sin® X +4c0s? X ++/cos* X+ 4sin? x = 2tan(x+%jtan (%—xj

C. /sin* X+ 4c0s? X ++/cos* X +4sin? x = tan[x+%}tan (%—xj

D. /sin® X+ 4¢c0s2 X ++/cos* X+ 4sin? x :3tan[x+%jtan (%—xj
Phuong phap

Sir dung cbng thirc: tan (g - ocj =cota, tano..cot o =1,sin o+ cos? o =1
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Léi giai

Ta co: /sin® X+ 4c0s? X ++/c0s* X +4sin? x = \/sin“ x+4(1—sin2 x) +\/cos4 x+4(1—cos2 x)

= \/(sinz x)2 —4sin® X+ 4 +\/(cos2 x)2 —4cos® X+4 = \/(sinz x—2)2 +\/(cos2 x—2)2

=(2—sin2 x)+(2—cos2 x) = 4—(sin2 X + C0s? x) =3

Laico: | x+Z |+ Zox|=Z = tan| Z—x|=cot| x+ Z |=tan| Z—x |.tan| x+ Z | =1
3 6 2 6 3 6 3

Do do6: /sin® X+ 4c0s? X ++/cos* x +4sin? x :3tan(x+%jtan (%—xj

Pap an D
Cau 3: Chon khang dinh dtng:

A. sin* @ —cos* o = cos 2 B. sin* @ —cos* & = —cos 2«
C. sin*a—cos* a =sin 2« D. sin* @ —cos* @ = —sin 2«
Phwong phap

Sir dung cong thirc: cos? o —sin’ oL = cos 2a., €os? o +sin‘ o =1
Lo giai
sin* & —cos” & = (sin? a)2 —(cos? a)2 = (sin” & +cos’ a)(sin? & —cos’ a ) =sin” a —cos’ & = —cos 2
Pap an B
Cau 4: Chon dap an ding.
A. D6 thi ham sb chén nhan truc tung 1am truc déi xtung
B. Db thi ham s6 chin nhan truc hoanh lam tryc déi xang
C. Db thi ham sb chin nhan gbc toa do 1am tam ddi xing
D. Ca A va C déu dung
Phwong phap
+ D6 thi ham s6 chin nhan truc tung 1am truc ddi xung.
+ P4 thi ham s6 1é nhan gbc toa do 1am tam ddi xung.
Lo giai
+ D6 thi ham s6 chin nhan truc tung 1am truc ddi xung.
+ D6 thi ham s6 1¢ nhan géc toa d6 1am tam ddi xang.
Pap an A
Cau 5: Huyét p 1a &p luc can thiét tac dong lén thanh cia dong mach dé dua mau tir tim dén nudi dudng
cac mo trong co thé. Huyét ap dugc tao ra do lyc co bép cua co tim va stc can cua thanh dong mach. MJi

lan tim dap, huyét &p caa chung ta ting rdi giam giita cc nhip. Huyét ap ti da va huyét ap tdi thiéu twong
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{ang 12 huyét 4p tam thu va tam trong. Chi s& huyét ap 120/80 1a binh thuong. Gia sir huyét &p caa mot

ngudi ndo d6 dwgc md hinh héa béi ham sé p(t) =110+ 20sin (160nt). Chon d4p 4n dung.
A. Chi s huyét ap caa nguoi nay 1a 130/90 va chi s6 huyét ap 1a cao hon mirc binh
thuong.
B. Chi sb huyét ap ciia nguoi nay 1a 130/80 va chi sé huyét ap 1a cao hon muc binh
thuong.
C. Chi s huyét 4p cta ngudi nay 1a 110/70 va chi s6 huyét &p 1a thip hon mirc binh
thuong.
D. Chi s6 huyét &p cta ngudi nay 1a 110/75 va chi s6 huyét &p 1a thip hon murc binh
thuong.

Phwong phap

Str dung kién thirc: —1<sina <1

Lo giai

Tac6: —1<sin(160nt) <1Vt e R < —20 < 20sin (160nt) < 20Vt e R

<90 <110+ 20sin (160xt) <130 Vt € R
Vay chi s6 huyét &p ciia ngudi ndy 1a 130/90 va chi sb huyét 4p ciia ngudi nay 1 cao hon mirc binh thuong.

Pap an A

Cau 6: Sir dung may tinh cAm tay dé giai phuong trinh ~/3tanx—3=0 véi két qua la radian (1am tron két

qua dén hang phan tram) 1a:

A. X~=-1,05+kr,keZ B. Xx=1,05+kn,keZ
C. Ca A va B déu ding D. Ca A va B déu sai
Phuong phap

Str dung may tinh cam tay dé tim nghiém ciia phurong trinh.
Loi giai
Taco: Btanx—3=0<tanx =+/3

Sau khi chuyén may tinh sang ché do “radian”. Bam lién tiép
SHIFT tan \/i 3 =

Ta dugc két qua gan dung 1a 1,05.

Vay phuong trinh J3tanx—3=0 c6 cac nghiém la x 1,05+ kn,keZ.

Pap an B

Cau 7: Tim tat ca cac tham s6 thuc m dé phuong trinh sin® X +sinxcosx =m ¢6 nghiém.
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Phwong phap
Str dung Kién thirc: Phuong trinh asinx+bcosx =c¢ ¢6 nghiém khi ¢® <a®+b?
Loi giai

. 5 . 1-cos2x 1 . .
sin x+smxcosx=m@T+§sm2x=m<:>1—c032x+3|n2x:2m

< —C0S2X+Sin2x =2m-1 (1)
Phuong trinh (1) ¢6 nghiém khi va chi khi

(1P 4222 (2m-1) & (2m -1 <2 = 2 sZm—ls\/Ecl_Z\/zs msl+£/§
Dbap an B
N ~ A 7 7 A A \ 1 2 3 4 A R 3 B ~ A \ \
Céu 8: Day so c0 cac so hang dau la O;E;E;Z;g;... So hang tong quat cua day so nay la:
A u, _n+l B. u, _n+
n-1 n
n-1 2
C_ un o D Un _ n n
n n-1
Phuong phap

Tim cong thic s6 hang tong quat cta day sé (u,, ) : Tir cac sb da cho cua day so, bién doi sao cho cac sé
hang ¢ chung mot quy luat theo n, tir d6 tim dugc cong thirc s6 hang tong quat u, .
Loi giai

4-1

__;u5:

5-1

2-1

Taco: u,=0=—— U, ===—— U, =—= Uy = =

1-1
1

N
wWIN
Mlw
(SR

3-1
3
Du doan cong thiic s6 hang tong quat: u, = nT_
bap an C
Cau 9: Cho day s6 (un) Vi u, :2—12+3i2+...+n—12,Vn =2; 3, 4;---. Ménh dé nao sau day dung?
A. Déy s6 (u,) bi chan trén va khong bi chin dudi

B. Day s6 (u,) bi chan dusi va khong bi chan trén
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| C Déy éé (un) \bi’chénr
D. Déy s6 (u,) khong bi chan
Phuwong phap
Day s6 (u,) duoc goi la ddy so bi chan trén néu ton tai mot sé M sao cho u, <M Vne N*.
Day s6 (u,) dugc goi la ddy sé bi chan dusi néu ton tai mot s6 m sao cho u, >m vne N*,
Day s6 (u,) dugc goi la ddy sé bi chan néu n6 vira bi chan trén vira bi chan dudi, nghia la ton tai cac s6 M
vamsaocho m<u, <MVneN*.
Lo giai
Tacd u, >0vn=2; 3; 4--- nén u, bi chan dudi bai 0.

Matkhic Lo L __ 1
K (k=1)k k-1

(keN",k>2) nénsuy ra:

x|l

1 1 1 11111 1 1 1
U, <—+—+—++ =l-—+=———F =t ——=1-—<1
12 23 34 n(n+1) 2 2 3 2 4 n n+l n+1

Do d6, day (u,) bi chan trén. Vay day s6 (u, ) bi chan.

Pap an C
Cau 10: Trong cac day sé duoc cho dudi day, diy s nao 1a cip sb cong?
A.u,=8-3 B. unzi
3n
C.u,=83" D. u,=8-3n
Phuong phap

Cép sb cong la mot day sd, trong d6 ké tir s6 hang thir hai, mdi s6 hang déu bang téng cia sé hang ding
ngay trudc no véi mot s6 khong doi d, tiac 1a: u, =u, , +d véi n>2.

Lo giai

Xét diy so: u, =8-3n,tacé: u, =5u, =2;u, =—Lu, =—4..

Nhan thiy céc sé hang, ké tir s6 hang thtr hai tré di, mdi s6 hang déu bang sb hang dimng ngay trudc né cong
v6i —3 nén day sé u, =8-3n la cip sb cong

Pap an D

Cau 11: Mot cong ty thuc hién viéc tra lwong cho cac k¥ su theo phuong thirc sau: Murc lwong ciia quy lam
viéc dau tién cho cong ty la 14 triéu dong/ quy va ké tir quy lam viéc thir hai, mic luong s& duoc ting 500

000 ddng mbi quy. Téng sb tién mot ky su nhan duoc sau ba nam lam viéc tai cong ty la:

A. 205 triéu dong B. 201 triéu ddng
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C. 209 triéu dong D. 203 triéu dong
Phwong phap
Cho cép s6 cong (u,) c6 s6 hang dau u, va cong sai d. Dat S, = U, +U, + U, +...+U, .

(ug+u,)n _[20,+(n-1)d]n
2 2

Khi d6: S, =
Loi giai

Goi u, la mac luong cta quy thtr n lam viéc tai cong ty.

Khi d6, day s6 (u,) 1ap thanh mot cap sb cong c6 s6 hang dau u, =14 va cong sai d =0,5

M6t ndm c6 4 quy nén 3 nam c6 12 quy. Do do, dé tinh sé tién ki su nhan duoc sau ba nam, ta di tinh tong 12
s6 hang dau tién cua cap sb cong.

12[2.14+(12-1).0,5]
2

Sé tién ngudi ki su nhan duoc 1a: S, = =201 (triéu dong)

Pap an B
Cau 12: Cho ba gdc cia mot tam giac 1ap thanh mot cap s6 cong, trong d6 goc 16n nhat gap ddi goc nhoé nhét.

Sb do goc 16n nhit cua tam giéc la:

A. 70° B. 90°
C. 60° D. 80°
Phwong phap

Cho cap s6 cong (u,) c6 s hang dau u, va cdng sai d thi s6 hang tong quat duge xac dinh theo cong thirc
u, =u,+(n-1)d

Loi gidi

Khéng lam mat tinh tong quat, goi ba goc A, B, C cua tam giac ABC theo thir ty tir bé dén 16n 1ap thanh mot
cap s cong co cong sai la d. Khi d6, B=A+d,C=B+d=A+2d=A+C=2B

Theo gia thiét ta c6: A+B+C=180°,C=2A

A+C=2B A =40°
Do d6, ta c6 hé phuong trinh: {A+B+C=180° < {B =60°
C=2A c=80°

Vay goc c6 s6 do 16n nhat 1a 80°
Pap an D
Cau 13: D&y s6 gdm cac sb tu nhién 1é nho hon 20, sip xép theo thir ty tir bé dén Ion 1a:
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A. Ddy sé hﬁu han: 1,3; 5;7;9;11;13;15;17);19 | | B. Day sb v hanr: 19;17;15;13;11;‘9;7;75; 31
C. D&y sb vo han: 1:3:5;7;9;11:13;15;17;19 D. Day s hitu han: 19;17;15;13;11;9;7;5;3:1
Phwong phap

Ham s6 u xac dinh trén tap hop M ={1;,2;3;..;m} thi duoc goi la mot ddy sé hitu han. Dang trién khai cta
day s6 nay 1a u,,u,,...,u,, .

Loi giai

Day s6 gom cac s6 tu nhién Ié nho hon 20, sap xép theo thir ty tir bé dén 16n 1a day s hitu han:
1,3;5;7;9,11;13,15;17;19

Pap an A

Cau 14: Hinh nao trong cac hinh sau day 1a hinh chop tir giac?

LO

A.Hinh 1 B. Hinh 2
C. Hinh 3 D. Hinh 4
Phuong phap

Cho da gidc 16i A,A,A,.../A, nam trong mét phang (o) va diém S khong thudc (o). Noi S véi cée dinh
ALA, AL A, taduoc ntam giac SAA,;SALA,;...;SA, A, . Hinh dugc tao bdi n tam giac do va da giac
AAA,;...A, dugc goi la hinh chdp, ki hi¢u la SAAA,...A,.
Loi giai
Hinh 2 Ia hinh chép tir giac.
Pap an B
Cau 15: Cho tam giac ABC va diém S khong nam trong mit phang chira tam gidc ABC. Cé bao nhiéu mit
phing duoc tao thanh?

A. 6 mat phing B. 2 mit phang

C. 3 mat phiang D. 4 mat phiang

Phwong phap
Mot mat phang dugc xac dinh néu biét né chia ba diém khdng thang hang.
Loi giai
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Céc rﬁét phing dﬁéc téo’thénh la: (SAé),/ (SAé), (SBC), (AB‘C)’. Vay c6 4 mit phérig 'du:gc‘tao thanh,
Pap an D
CAau 16: Cho hinh chép S. ABCD c6 ddy ABCD 1a hinh thang véi AB 1a day 16n. Trén doan SA, liy diém I
khong tring v6i S va A; trén doan BC lay diém J khong tring voi B va C. Giao tuyén cia duong thang 1J va

mit phang (SBD) la:
A. Piém H 1 giao diém SK va IJ, véi K lagiao  B. Diém H 1a giao diém SE va 1, véi E la giao
diém cua AJ va BD diém cua AD va BC
C. Piém H 1a giao diém SD va IJ D. Piém H 1a giao diém BD va IJ

Phwong phap

Céach tim giao diém cua dwong thang d va mat phang (o)

Trudng hop 1: (o) chira dudng thang d’ va d” cat dudng thang d tai |.
Khi do, I=dnd'=l=dn(a)

Trudng hop 2: (a) khong chira duong thang ndo cét d.

+ Tim mat phang (B) chtad va (o) (B)=d'

+Tim 1=d~d". Khi d6, I =d(a)

Loi giai

Trong mit phiang (ABCD), goi K 1a giao diém ciia AJ va BD nén
K thudc mat phiang (SBD) va mat phang (SAJ).

Lai co, S thudc mit phang (SBD) va mat phing (SAJ).

Do d6, SK =mp(SAJ)nmp(SBD)

Trong mit phang (SAJ), goi H 1a giao diém ctia SK va IJ.

Vi Hell,HeSK «mp(SBD)

Viay H 1a giao diém cta SK va mit phang (SBD).

Dap an A
CAu 17: Cho hinh chop tam giac S. ABC. Trong céc cip dudng thang sau, cip duong thang nao khong chéo
nhau?
A.SAvaBC B. ABvaSC
C.SBvasC D. ACvaSB
Phwong phap

Néu khdng c6 mit phang ndo chira hai dudng thang a va b thi khi d6 ta néi duong thang a va b chéo nhau.

Loi giai
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Hai duong thang SB va SC él‘Jng nam trong mit prhéng V(SBC)
nén hai duong thang nay khéng chéo nhau.

Pap an C

Cau 18: Cho ttr dién ABCD. Goi L, J lan luot 1a trong tdm cua cac tam giac ABC va ABD. Goi M, N lan
luot 13 trung diém cua BC va BD. Trong cac dudng thang MN, CD, BD, BC thi 1J song song v&i bao nhiéu

duong thang?
Al B.2
C.3 D.4
Phwong phap
Néu hai duong thang phan biét ciing song song véi mot duong thang thi ba thi song song véi nhau.
Loi giai
ViM, N lan luot 14 trung diém caa BC va BD nén MN la dudng
trung binh cta tam giac BCD. Do d6, MN//CD
— A . . Al 2
Villa trong tdm tam gidc ABC nén — =—
AM 3
ViJ la trong tdm tam giac ABD nén A = 2 " ?
AN 3
M
Do do, ﬂ = ﬂ nén [J//MN (dinh 1li Thalés dao)
AN AM ¢

Vi 1J//IMN, MN//CD nén 1J//CD
Vay duong thang 1J song song véi hai dudng thang 1a MN va CD.
bap an B

Cau 19: Cho hinh chép tir giac S. ABCD c¢6 M, N, I, K lan luot 14 trung diém cua SA, SC, AD, CD. Tt giac
MNKI Ia hinh gi?

A. Hinh thoi B. Hinh vuéng
C. Hinh chix nhat D. Hinh binh hanh
Phwong phap

Néu hai dudng thang phan biét ciing song song véi mot dudng thang thi ba thi song song véi nhau.

Loi giai
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[ViM, N Ian lugt 1 rung diém ciia SA, SC nén MN I duong trung
binh cta tam giac SAC. Do d6, MN//AC, MN = %AC

Vi, K lan luot 13 trung diém cua DA, DC nén IK 14 dudng trung
binh cta tam giac DAC. Do do, IK//AC, IK = %AC

Do do, IK//MN, IK =MN. Vay tr gidc MNKI la hinh binh hanh.
bap an D

Cau 20: Chocacsb a, b, ¢ (a<b<c,ceZ) lap thanh cap sé nhan; dong thoi a,b+8,c theo thu tu 1ap

thanh cap sé cong va a,b+8,c+64 theo thir ty 1ap thanh cip s6 nhan. Gié tri biéu thac P=a+b+c la:

A.52 B. 54
C.60 D.70
Phwong phap

Cap sé nhan (u,) c6 s hang dau Ia u, va cong bgi g thi s6 hang tong quat u, cia né duge x4c dinh boi
cong thic u, =u,.q"* véi n>2.
Loi giai
ac = b? ac=b? (1)
Theo déu bai ta ¢ h¢ phuong trinh: <a+c=2(h+8) <Ja-2b=16-c  (2).
a(c+64)=(b+8)2 ac+64a:(b+8)2 (3)

Thay (1) vao (3) tacé: b®+64a=b*+16b+64 < da—-b=4(4).

c-8
a=—
. a—2b=16-c 7
Két hop (2) va (4) ta co: & 5
thop (2)va(4) {4a—b:4 ,_ 4c-60 5)
7
c=36
Thay (5) vao (1) tac6: 7(c—8)c= (4c—60)2 < 9c® —424c+3600=0 < 100 < ¢=36 (ceZ).
c="—
9

Voi c=36=a=4,b=12=P=36+4+12=52
Dap an A

Phin ty ludn (5 diém)

Bai 1. (1,5 diém)

1) Giai cac phuong trinh sau:

a) sin® X —cos® X +cos3x =0

b) sinx++/3cosx =0
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2) Tim gié tri nho nhat, 16n nhat ctia ham s6 y = 2sin? x +/3sin2x

(2—sin’ 2x)sin3x
cos’ x

3) Phuong trinh tan*x +1= ¢6 bao nhiéu nghiém thuoc (g;nj?

Phwong phap
1) a) + Xét phuong trinh cosx =m

*Néu |m|>1 thi phuong trinh v6 nghiém.

* Néu Im| <1 thi phuong trinh ¢6 nghiém: X =a+k2n,keZ va x=—a+k2n,keZ, véi o 1a goc thudc
[0;7] sao cho coso=m
b) sina=0< a=kn(keZ)

2) Sir dung kién thirc —1<sinx <1
3) + tanx xac dinh khi cosx =0

+ Xét phuong trinh sinx=m

* Néu |m| >1 thi phuong trinh v6 nghi¢m.
* Néu |[m| <1 thi phuong trinh ¢6 nghiém: X =a+k2n,keZ va x=n—oa+k2n,keZ, véi o lagéc thuoc
~Z:Z | sao cho sina=m
2 2

Loi giai
1)

a) sin® X —cos® X +c0s3x = 0 <> c0s3X —C0S 2X = 0 <> oS 3X = C0S 2X

keZ keZ
3x=—2x+k2n( © )<:> x=@( < )

{3x = 2x+Kk2n X =k2r
=
5

Vay phuong trinh da cho c6 ho nghiém la x =k2mr,x = %(k €Z)

b) sinx+J§cosx=O<:>%sinx+§cosx:0<:>cos§sinx+sin§cosx=0
<:>sin(x+gj=0<:>x+g=kn(kez)<:>x=—g+kn(keZ)

Vay phuong trinh di cho ¢6 ho nghiém 1a x = —g+ kn(keZ)

2) Taco: y=2sin x ++/3sin2x =1—cos2x ++/3sin2x

B

=+«/3sin2x —cos2x +1 —Z[TSian—%COSZx +1
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= 2[5in2xcosg—sin%c052x]+l = 25in[2x—%]+1.

Ma —lgsin[Zx—g]51:>—1§1+251n[2x—g]§3:>—1§y§3.

Do @6, gi4 tri nho nhat cia ham s6 1a —1, gia tri 1on nhat cua ham sé 1a 3.
3) iéu kién: cosx #0
(2-sin® 2x)sin 3x

tan® x+1= .
cos* x

&> sin® X +cos x = (2—sin2 2x)sin 3x
<:>(sin2 X +C0s? x)2 —2sin? xcos? X =(2—sin2 2x)sin 3x
<:>1—%sin2 2X =(2—sin2 2x)sin 3X < 2-sin?2x = 2(2—sin2 2x)sin 3x

s sintox—o |SN2x=%2(VL)

<:>(2—sin22x)(1—2$in3x)=0<:> _ = 1
1-2sin3x=0 sing)(:E

T n k2w
X =—+k2n X=—+—
& sin3x =sins < (keZ)= 183 (ke Z) (thoa man diéu kién)
T 57 k2=
X=n——+Kk2n X=—+—
6 18 3
n nm Kk2=n 2 17
§<E+_3 <7 §<k<E k=1
Lai cd: x T2 neén (keZ)e= (keZ)=
2 n 5t k2n 1 13 k=1
—<—+——<7 —<k<=
2 18 3 3 12

V6i k=1 thi x= 113—871: hoac X :117_8n (thoa man diéu kién). Vay cé hai nghiém thudc [g;nj

Bai 2. (1,5 diém)
a) Cho cap sb cong (u,) 6 u, =4,u, =10. Tinh u,,.

U =3 . . .
. Tim cdng thuc s6 hang tong quat cua day so trén.
5 :
U = \/1+ Un

b) Cho déy sé (u,): (Un)i{

Phwong phap

a) Néu mot cap sé cong (u,) ¢6 sb hang dau u, va cong sai d thi s hang tong quat u, cia né dugc Xac
dinh bai cong thue: u, =u, +(n—-1)d,n>2

b) Cdng thic truy hoi 1 hé thire biéu thi s6 hang tha n cua ddy s6 qua s hang (hay vai sé hang) dtng trudc
no.

Loi gidi

a) Taco: d=u,—u, =10-4=6. Do do, U,,, = U, +(100—-1)d = 4+99.6 =598
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ﬁab)’;l'ra\cé')m R
u; =3=+32+0

U, =10 =4/32 +1

Uy =VIl=+/32+2
u, =12=32+3

u, = J3en-1 (*)

Vay cbng thirc s6 hang tong quat cua day s6 1a: u, =+/32 +n-1

Bai 3. (1,0 diém) Cho hinh chop S. ABCD c6 day 14 hinh binh hanh tim O. Goi M 14 trung diém cua SB. N
1a diém trén canh BC sao cho BN =2CN . Xac dinh giao tuyén ctia mit phing (SCD) va mit phing (AMN).
Phwong phap

Néu hai mat phan biét (P) va (Q) c6 diém chung thi ching c6 mét duong thang chung duy nhat d chua tat ca
cac diém chung cua hai mit phing d6. Puong thing d d6 goi 12 giao tuyén caa hai mat phiang (P) va (Q), ki

higu d=(P)n(Q)

Loi giai

Trong mit phang (ABCD), goi H 14 giao diém ciia AN va CD

Vi H thuéc AN nén H thugc mat phing (AMN), H thuoc DC
nén H thudc mit phang (SCD).

Trong mat phang (ABCD), goi I 1a giao diém caa AN va BD
nén | thugc mat phang (SBD).

Trong mat phang (SBD), goi K la giao diém cua IM va SD
nén K thuoc mat phang (AMN) va mit phang (SCD).

Do d6, HK 1a giao tuyén caa hai mat phang (AMN) va mat
phang (SCD).

Bai 4. (1,0 diém)

a) Cho hinh chép S. ABCD c6 ddy 1a hinh thang véi day 16n 1a AB. Goi I, J lan luot 14 trung diém cua AD
va BC va G la trong tdm cua tam giac SAB. Tim giao tuyén caa mat phiang (SAB) va mat phing (1JG)

b) Cho hinh chép S. ABCD c6 ddy ABCD 1a hinh binh hanh. Goi G,,G, lan luot 14 trong tdm céc tam giac
SAB va SCD. Goi M, N lan luot la trung diém cia AB, CD. Chang minh rang G,G, //AD//BC

Phwong phap

Néu hai mat phang phan biét lan luot di qua hai dudng thang song song thi giao tuyén caa ching (néu co)
song song véi hai dudng thiang d6 hoic tring véi mot trong hai duong thang do.
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Néu hai duong théng phén biét cung song song Vi mot du:c‘yng thang thu ba thi song song Vai nhau.

Léi giai

a) Vi 1, J 1an luot 1a trung diém caa AD va BC nén 1J 1a duong
trung binh cta hinh thang ABCD. Do d6, 1J//AB//CD.

Ta cé: G 1a diém chung gitra hai mat phang (SAB) va (1JG)
. {(SAB) S AB;(IIG)oIJ
AB/1J
Nén giao tuyén cia mat phang (SAB) va mat phing (1JG) la
duong thang qua G va song song véi AB va 1J (duong thang
PQ nhu hinh v§).

b) Vi G,,G, lan lugt la trong tdm céc tam giac SAB va SCD

nén SGANMC, _ 2 nén MN//G,G,
SM SN 3

Vi M, N lan luot 1a trung diém cua AB, CD nén MN//AD//BC.
Do d6, G,G, //ADI/BC
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