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PE THI GIUA HQC Ki I - Pé s6 4
Mon: Toén - Lop 11
B sach Canh diéu + Chan troi sang tao
BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

Muc tiéu

- On tdp cdc kién thirc vé ham s6 lwong gidc va phwong trinh lwong gidc, déy sé, cap s6 cong, cap so nhan,
dwong thang va mdt phdng trong khéng gian, quan hé song song trong khéng gian ciia chiong trinh sdach
giao khoa Toan 11 — bg sdch Canh diéu va Chan troi sang tao.
- Van dung linh hoat Iy thuyét dd hoc trong viéc gidi quyét cdc cau hoi trac nghiém va tw ludn Todn hoc.
- Tong hop kién thire dang hé thong, dan trdi cdc bai hoc — chirong trinh Todn 11.
Phan tric nghiém (5 diém)
3 2

Cau 1: Goc luong giac nao dudi day twong tng voi chuyén dong quay 5 vong nguoc chiéu kim dong hd?

A 1224° 3T o
5
C. Ca A va B déu ding D. Ca A va B déu sai.

Céau 2: Chon dap an dung:

sin* X+ 4cos? X +/cos* x + 4sin? x :%tan(x+£jtan (—— xj

A 3

Jsin® x +4c0s? x +/cos® X+ 4sin? x = 2tan(x+%jtan (%—xj
B.

Jsin® x +4cos? x ++/cos* x +4sin? x = tan (x+%)tan (%— xj

C.

Jsin X+ 4cos? X ++/cos* x+ 4sin? x =3tan(x+%jtan (%—x)
D.

Cau 3: Chon khing dinh dung:
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A. sin* @ —cos* o =cos2a B. sin* @ —cos* & = —cos 2«

C. sin*a—cos* a =sin2a D. sin* @ —cos* & = —sin 2«

Cau 4: Chon dap an ding.

A. D0 thi ham sb chin nhén truc tung lam truc ddi xung

B. P4 thi ham s chén nhan truc hoanh lam truc doi xung

C. D6 thi ham sb chin nhan géc toa do lam tam ddi xung

D. Ca A va C déu dung
Cau 5: Huyét ap 1a ap luc can thiét tac dong 1én thanh cia dong mach dé dwa mau tir tim dén nudi dudng
cac mo trong co thé. Huyét ap dugce tao ra do luc co bop ciia co tim va sirc can cta thanh dong mach. Mdi
1an tim dap, huyét 4p cia ching ta ting rdi giam giita cac nhip. Huyét ap tdi da va huyét ap tdi thiéu twong
g 13 huyét 4p tAm thu va tim truong. Chi sé huyét 4p 120/80 1a binh thudng. Gia st huyét ap cua mot

ngudi ndo d6 duge mo hinh hoa béi ham sd p(t) =110+20sin (160nt) . Chon dap an dung.
A. Chi s6 huyét ap cua nguoi nay 13 130/90 va chi sé huyét ap 1a cao hon mirc binh
thuong.

B. Chi s6 huyét ap ctia nguoi nay 1a 130/80 va chi s6 huyét ap 1a cao hon mtc binh
thuong.

C. Chi sb huyét ap ctia nguoi nay 1a 110/70 va chi s6 huyét ap 1a thip hon murc binh
thuong.

D. Chi s6 huyét 4p ctia ngudi nay 1a 110/75 va chi s6 huyét ap 1a thap hon mirc binh

thuong.

CAu 6: St dung mdy tinh cam tay dé giai phuong trinh V3tanx-3=0 ysi két qua 1a radian (1am tron két

qué dén hang phan tram) la:
A X==1,05+kn,keZ B. X~105+km keZ
C. Ca A va B déu ding D. Ca A va B déu sai

CAu 7: Tim tat ca cac tham sb thuc m dé phuong trinh sin® x+sinxcosx=m ¢¢ nghi¢m.

1-2 1442 1-2 1+42

m < ; <m
A. 2 2 B. 2 2
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1-42 1+42

m =< m <
C 2 D. 2
1234
Cau 8: Day sd c6 cac sd hangddula 2'3°4'5" " S hang tdéng quat cua day sd nay la:
n+1 n+1
u =—- u =—-—
A. n-1 B. n
— 2
Un:n—l un:n -Nn
C n D. n-1
1 1 1

p U ==+S+..+=,Vn=2; 3 4.
Cau 9: Cho day sé (Un) vsi " 722 T3 T2

Ménh dé nao sau day dung?
A. Diy s6 (Un) bi chin trén va khong bi chan dudi
B. Diy sb (u" ) bi chan dudi va khong bi chan trén

C. Daysé (Un) bi chan

D. Diy s (u") khong bi chan

Cau 10: Trong cac diy s dugc cho dudi day, ddy s nao 1a cap sb cong?

A. Un:8—3n Unzﬁ
B 3
c u,=83 D U,=8-3n

Cau 11: Mot cong ty thuc hién viée tra luong cho cac k¥ su theo phuong thirc sau: Murc luong cua quy lam
viéc dau tién cho cong ty 13 14 triéu ddng/ quy va ké tir quy lam viéc thir hai, mtrc lvong s& duogc ting 500

000 dong mdi quy. Tong sd tién mot ki su nhan duoc sau ba nim 1am viéc tai cong ty la:

A. 205 triéu dong B. 201 triéu dong
C. 209 triéu dong D. 203 triéu dong
CAu 12: Cho ba gbc ctia mot tam giac 1ap thanh mot cip s cong, trong d6 goc 16n nhit gip doi goc nho nhét.

Sb do goc 16n nhit cua tam giac 1a:

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT 1t 1dp 1 - 18p 12 tdt cé cac moén




LOigiClihGy.com

A. 70° B. 90°

C. 60° D. 80°

Céu 13: Day sb gém cac sb tu nhién 1é nho hon 20, sip xép theo thir ty tir bé dén 16m 1a:

A. Ddy s6 hitu han; 135 7:9,11131517,19 B. Dy s6 vo han: 19:17:151311.9,7,5,31

C. Day sb vo han: 13:5:7,9;11131517,19 D. Day s6 hitu han: 19171513119, 7,5,311

Cau 14: Hinh nao trong cac hinh sau day la hinh chop tr giac?

Lo

A.Hinh 1 B. Hinh 2
C. Hinh 3 D. Hinh 4

Cau 15: Cho tam giac ABC va diém S khong nam trong mit phang chira tam giac ABC. C6 bao nhiéu mat
phang duoc tao thanh?
A. 6 mat phang B. 2 mit phing

C. 3 mit phang D. 4 mit phang

Cau 16: Cho hinh chép S. ABCD c6 ddy ABCD la hinh thang véi AB 1a day 16n. Trén doan SA, liy diém I
khéng tring véi S va A; trén doan BC 1dy diém J khong trung v6i B va C. Giao tuyén cua duong thang 1T va
mit phang (SBD) la:
A. Diém H 14 giao diém SK va IJ, voi K la giao  B. Piém H 1a giao diém SE va 1J, véi E 1a giao
diém ctia AJ va BD diém cia AD va BC

C. Piém H 1a giao diém SD va IJ D. biém H 14 giao diém BD va IJ

Cau 17: Cho hinh chop tam giac S. ABC. Trong céc cip dudng thang sau, cip duong thing ndo khong chéo

nhau?
A. SAvaBC B. ABvaSC
C.SBvaSC D. ACvaSB
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Cau 18: Cho ttr dién ABCD. Goi L, J 1an luot 1a trong tdm cua cac tam giac ABC va ABD. Goi M, N lan
luot 13 trung diém cua BC va BD. Trong cac dudng thang MN, CD, BD, BC thi IJ song song v&i bao nhiéu

duong thang?
Al B.2
C.3 D.4

Cau 19: Cho hinh chép ti giac S. ABCD c6 M, N, I, K lan luot 13 trung diém cua SA, SC, AD, CD. Tt giac
MNKI 13 hinh gi?

A. Hinh thoi B. Hinh vudng

C. Hinh chit nhat D. Hinh binh hanh

CAu 20: Cho cacsd a, b, ¢ (a<b<cceZ) lap thanh cAp sb nhan; ddng thoi @ 0+8,C theo thir tu ap
thanh cp sé cong va & D+8,C+64 theo thir tyr 1ap thanh cip sé nhan. Gié tri biéu thic P=a-+b+c 1a;
A.52 B. 54
C.60 D.70

Phin ty lun (5 diém)
Bai 1. (1,5 diém)
1) Giai cac phuong trinh sau:

a) sin®x—cos’ X +c0s3x =0
b) sinx+~/3cosx =0

2) Tim gia tri nh6 nhit, 16n nhit cia ham sé ¥ =2sin’ x +3sin2x

(2—sin2 2x)sin 3x
cos” x

3) Phuong trinh tan* x +1= c6 bao nhiéu nghiém thude (g : n) ?

Bai 2. (1,5 diém)

a) Cho cép sb cong (Un) o s =4U, =10. Tjpp Ug
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U1=3

(up): { >
b) Cho day s6 (u" ) : Unsg =1+ Uy . Tim cong thrc s6 hang tong quat cia diy sb trén.

Bai 3. (1,0 diém) Cho hinh chop S. ABCD c6 day 14 hinh binh hanh tim O. Goi M 1a trung diém cua SB. N

1a diém trén canh BC sao cho BN =2CN . Xac dinh giao tuyén ciia mat phing (SCD) va mit phang (AMN).

Bai 4. (1,0 diém)
a) Cho hinh chép S. ABCD c6 d4y 1a hinh thang véi day 16n 1a AB. Goi I, J lan luot 1a trung diém cia AD
va BC va G 14 trong tim ciia tam gidc SAB. Tim giao tuyén ciia mit phang (SAB) va mit phing (IJG)

b) Cho hinh chép S. ABCD ¢6 day ABCD la hinh binh hanh. Goi ©1:C2 1an Iuot 1a trong tam céc tam gidc

SAB va SCD. Goi M, N lin luot 14 trung diém ciia AB, CD. Chimg minh ring :C2 //AD//BC
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Phin tric nghiém (5 diém)

=/ HUGNG DAN GIAI CHI TIET

THUC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Caul:C |Cau2:D |(Cau3:B |Cau4:A |[Cau5:A ([Cau6:B |Cau7:B |Céus8:C
Cau9: C Cau10:D |Cau1l:B |Caul2:D |Caul13: A |(Caul4:B | Caul5:D |Céul6: A
Caul7:C |Cau18:B |[Cau19:D |[Cau20: A

32

Cau 1: Goc luong giac nao dudi day twong ing voi chuyén dong quay 5 vong nguoc chiéu kim dong ho?

34—n rad

5

Al 224°

C. Ca A va B déu dung D. Ca A va B déu sai.

Phwong phap

1 =" radvalrad = (@j )

Mot vong quay cua kim dong ho tng véi 360 do, 2

Quy udc chicu quay nguoc voi chiéu kim dong ho 1a chiéu duong.

Li giai
3g _ 33.3600 =1224° z34—nl’ad
5 vong duong tron ung voi: 5
Pap an C
Céu 2: Chon dap an dung:
Jsin® x+4¢0s2 X ++/c0s* X +4sin? X =1tan(x+£Jtan (Z—xj
A. 2 3 6
Jsin® x+4c0s? X +/c0s* X +4sin? X = 2tan(x+%jtan (%— xj
B.
Jsin® X+ 4c0s? X ++/cos* x +4sin? x = tan (x+£jtan (Z_ xj
C. 3 6
Jsin® x+4¢0s? X +1/c0s* X +4sin? x =3tan(x+%jtan (%— x)
D.
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Phu’O’ng phap

tan (——aj coto, tano.cota =1,sin®a +cos? o =1
Str dung cong thue: 2

Loi giai

Tac6: Jsin® X +4c0s? X ++/cos* X+ 4sin? x = \/sin“ x+4(1—sin2 x) +\/cos4 x+4(1—cos2 x)

= \/(sinz x)2 —4sin® x+4 +\/(cos2 x)2 —4c0s® X+4 = \/(sinz x—2)2 +\/(cos2 x—2)2

=(2—sin2 x)+(2—cos2 x) = 4—(sin2 X + Cos? x) =3

T T T T
(x+—J+(——x):—:tan(——xj cot(x+ j:tan(——x} tan(x+—j:1
Lai ¢o: 3 6 2 6 3

Jsin® X+ 4c0s? X ++/cos* x +4sin? x =3tan(x+ )tan (——xj

Do do:
Pap an D
Cau 3: Chon khéng dinh dung:

A. sin* @ —cos* o =cos2a B. sin* @ —cos* & = —cos 2«
C. sin*a—cos* a =sin2a D. sin* @ —cos* & = —sin 2«
Phwong phap

Sir dung cong thire: C0S° & —sin” ot =c0s 2at, cos” oL +sin” o =1
Léi gidi

sin* & —cos* & = (sin? a)2 —(cos? a)z = (sin? @ +cos’ a ) (sin? @ —cos’ &) = sin” & — cos’ & = —cos 2
Pap an B
Cau 4: Chon dap an ding.
A. P06 thi ham sb chin nhén truc tung lam truc ddi xung
B. D6 thi ham s6 chin nhan truc hoanh lam truc ddi xtng
C. D6 thi ham sb chin nhan géc toa d6 1am tam ddi xung
D. Ca A va C déu dung
Phwong phap
+ D0 thi ham sb chin nhén truc tung lam truc ddi xung.
+ Pd thi ham s 1é nhan géc toa do lam tam doi xung.

Loi giai
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P tﬁi hame§ohin nhan trﬁc tung lam truc dbi xu’ng |

+Pd thi ham s 1é nhan géc toa do lam tam ddi xuing.

Pap an A

Cau 5: Huyét ap 1a ap luc can thiét tac dong 1én thanh cta dong mach dé dwa mau tir tim dén nudi dudng

cac mo trong co thé. Huyét 4p dugc tao ra do luc co bop ciia co tim va ste can cua thanh dong mach. Mdi
1an tim dap, huyét 4p cia ching ta ting rdi giam giita cac nhip. Huyét ap tdi da va huyét ap tdi thiéu twong
g 13 huyét 4p tAm thu va tim truong. Chi s6 huyét 4p 120/80 1a binh thuong. Gia str huyét 4p ciia mot

ngudi ndo d6 duge md hinh héa bi ham sé P(1) =110+20sin(160mt) o a0 4n ding,
A. Chi s6 huyét 4p ciia ngudi nay 1a 130/90 va chi s6 huyét ap 1a cao hon mirc binh
thuong.

B. Chi s6 huyét ap ctia ngudi nay 1a 130/80 va chi sb huyét 4p 13 cao hon mirc binh
thuong.

C. Chi s6 huyét ap cta ngudi ndy 1a 110/70 va chi s6 huyét 4p 1a thip hon mtc binh
thuong.

D. Chi s6 huyét 4p cua nguoi nay 13 110/75 va chi sé huyét 4p 1a thdp hon mirc binh
thuong.

Phwong phap
Str dung kién thirc: —1<sina. <1
Loi giai

Ta co: —1<sin (160nt) <1IVte R < —20<20sin (1607ct) <20vteR

<>90<110+20sin(160nt) <130 vte R
Vay chi s6 huyét ap ctia ngudi nay 14 130/90 va chi s huyét ap ctia nguoi nay 1a cao hon mirc binh thuong.

Pap an A

CAau 6: Sir dung mdy tinh cAm tay dé giai phuong trinh ¥V3taNX—3=0 yv&i két qué 14 radian (1am tron két

quéa dén hang phan tram) la:

A X=-1,05+kn,keZ B. X~105+km,keZ
C. Ca A va B déu dang D. Ca A va B déu sai
Phwong phap

Str dung may tinh cam tay dé tim nghiém cta phwong trinh.

Loi giai
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Tacé: V3tanx—3=0< tanx =+/3

A 19

Sau khi chuyén may tinh sang ché d6 “radian”. Bam lién tiép

SHIFT | tan \/i 3 =

Ta dugc két qua gan dung 13 1,05.

Vay phuong trinh V3tanx—-3=0 ¢4 cic nghiém 1a X*105+knkeZ
Pap an B

A . Ao oo s e 2 . in2 i . ‘A
Cau 7: Tim tat ca cac tham so thuc m dé phuong trinh SIN” X+SINXCOSX =M ¢6 nghiém.

msl_\/i;“\/ESm 1_\/§smsl+\/E
A. 2 2 B. 2 2
msl_\/E mleﬂ/E
C. 2 D. 2
Phuong phap

St dung kién thire: Phuong trinh asinX+bcosx =C c¢ nghiém khi ¢* <a’+b’
Loi giai

. . l1-cos2x 1 . .
sin x+smxcosx:m©T+ES|n2x:m<:>1—0032x+sm2x=2m

& —C0S2X +Sin2x =2m -1 (1)

Phuong trinh (1) c6 nghiém khi va chi khi

(1) +22 > (2m-1) & (2m-1) <2 2 <2m-1<2 & 1—2\/5 e 1+£/§
Pap an B
Cau 8: Day sd c6 cac sd hangddula 2'3°4'5" " S hang téng quat cua day sd nay la:
n+1 -
tn = u,=—-
A. n-1 B -
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Phuwong phap

Tim cong thire sO hang tong quat cta day so (un ) : Tu cac s6 da cho ctia day so0, bién doi sao cho cac so

hang c6 chung mét quy luat theo n, tir d6 tim dwoc cong thirc s6 hang tong quat Un .

Loi giai

1-1 1 2-1 2 3-1. 3 4-1 4 5-1
u =0=—,U2=—=—,U3=—=—,U4=—=—,U5=—=—,.
Taco 1 2 2 3 3 4 4 5 5
U _n-1
Du doan cong thire s6 hang tong quat: n .
Pap an C
\ 5 A(U) ,‘u=i2+i2+...+i2,Vn=2;3; 4ieeen . L
Cau 9: Cho day s6 \"n/ voi 2" 3 n M¢énh dé nao sau day ding?

A. Diy s6 (Un) bi chin trén va khong bi chan dudi
B. Diy s (u" ) bi chan dudi va khong bi chan trén
C. Daysé (Un) bi chan

D. Day s6 (un ) khong bi chan
Phuong phap

. c g~ A1 1w A A A - A, A *
Day so (un) duoc goi 1a day so bi chdn trén néu ton tai mot s6 M sao cho U, <MVvneN*

A c 1y g~ X g - - c e A . A £ *
Day so (u“) duoc goi 1a day so bi chdn dudi néu ton tai mdt s6 m sao cho u,=2mvneN*

Day so (un ) dugc goi 1a day so bi chan néu n6 vira bi chan trén vira bi chan dudi, nghia 1a ton tai cac sO6 M

> *
vamsao cho Msu,<sMVneN*

Loi giai
Tach U >0Vn=2;3; 4 nan Uy b chin dudi béi 0.

1 1

_<—

1
Mit khic K (k=Dk k-1

(keN k>2)
nén suy ra:

x|

1 1 1 1 11111 1 1 1
U, <—+—+—+-+ =l-—+-——t—-——t - =1-—x<1
12 23 34 n(n +1) 2 2 3 2 4 n n+l n+1
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Do do, day (u") bi chén trén. Vay day ) (un) bi chan.

Pap an C
CAau 10: Trong cac diy sd duoc cho dudi day, diy s nao 1a cip sb cong?
A U, =8-3 u _8
B. " 3
C. u, =8.3" D. u, =8-3n
Phuwong phap

Cép sb cong 1a mot ddy sd, trong d6 ké tir s6 hang thir hai, mdi s6 hang déu bang téng ctia sé hang dimg
ngay trude né voi mot sé khong doi d, tire 1a: Un = Una dygin=2,

Loi giai

Xét day sé: Un =8-3N a6 W =5U, =2Uy =—Tu, =—4..

Nhan thiy céac sé hang, ké tir s6 hang th hai tré di, mdi s6 hang déu bang sé hang dting ngay trudc n6 cong

v6i —3 nén day sé Un = 8-3n 13 cip sb cong

Pap an D
Cau 11: Mot cong ty thuc hién viée tra luong cho cac ky su theo phuong thitc sau: Mtic luong ctia quy lam
viéc dau tién cho cong ty 13 14 triéu ddng/ quy va ké tir quy lam viéc thir hai, mirc lvong s& dugc ting 500

000 dong mdi quy. Tong sd tién mot ki su nhan duoc sau ba nim 1am viéc tai cong ty la:

A. 205 tri¢u dong B. 201 tri¢u dong
C. 209 triéu dong D. 203 triéu dong
Phwong phap

Cho cdp s6 cong (u) c6 s hang dau Y1 va cong sai d. Dt Sy = Uy +Uy +Ug +..+U

S _ (u+u,)n _ [2u, +(n-1)d]n
Khi d6: 2 2

Loi gidi
Goi UYn 1a muc luong cua quy thi n 1am viée tai cong ty.

u, =14

Khi d6, diy sb (u,) 1ap thanh mot cép sb cong co sb hang dau va cong sai d=0,5

Mot nam c6 4 quy nén 3 nim c6 12 quy. Do d6, dé tinh s tién k§ su nhan dugc sau ba nam, ta di tinh tong 12
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s0 hang dau tién cua cap so cong.

12[214+(12-1).05] )

A\ 01 ‘
S4 tién nguoi ki su nhan duoc la: 2 (tridu ddng)

Dap an B
CAu 12: Cho ba gbc ciia mot tam giac 1ap thanh mot cap sb cong, trong d6 goc 16n nhit gip d6i goc nho nhét.

S6 do goc 16n nhét ciia tam giac 1a:

A. 70° B. 90°
C. 60° D. 80°
Phwong phap

Cho cap s cong (u,) c6 s6 hang dau Y1 va cong sai d thi s hang tong quét dwoc xac dinh theo cong thirc
u, =u,+(n-1)d

Loi giai
Khong lam mét tinh téng quat, goi ba goc A, B, C cua tam giac ABC theo thir ty tir bé dén l6m 1ap thanh mot

cp s cong c6 cong sai 1a d. Khi d6, B=A+d,C=B+d=A+2d=A+C=2B

Theo gia thiét ta co: A+B+C=180",C=2A

A+C=2B A =40°
A+B+C=180° < {B=60°
C=2A c=80°

Do d6, ta c6 hé phuong trinh:

Vay gbe ¢6 s6 do 16n nhét 1a 80°
Pap an D

Cau 13: Diy s6 gdm cac s ty nhién 1é nho hon 20, sip xép theo thi ty tir bé dén 16n 1a:

A. Diy s6 hitu han; 135 7:9,11131517,19 B. Day s6 vo han: 19171513119, 7:5,311

C. Day s6 vo han: 1,3,5;7;9;11;13;15;17;19 D. Day sé hiru han: 19;17;15;13;11,9;7;5;3;1
Phwong phap
Ham s u xac dinh trén tap hop M= {1; 2,3, m} thi duogc goi 1a mot day s6 hitu han. Dang trién khai cta
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day s6 nay la YpUzr-oUn |

Loi giai

Diy s6 gdm céc sd tu nhién 16 nho hon 20, sip xép theo thir ty tir bé dén 16n 13 ddy s6 hiru han:
1,3;5;7;9,11,13;15;17;19

Dap an A

Cau 14: Hinh nao trong cac hinh sau day 1a hinh chop tir giac?

Lo

A. Hinh1 B. Hinh 2

C. Hinh 3 D. Hinh 4
Phwong phap
Cho da giac 16i AAA Ay nim trong mat phang (o) va diém S khong thudc (@) . Nbi S véi cac dinh
ALAGAG A 1 dugc n tam giac SAASAA - SAAL Hinh duoc tao boi n tam gidc do va da giac
AAAs A duge goi 1a hinh chop, ki higu 1a SAAAsA,.

Loi giai
Hinh 2 14 hinh chop tir giac.

Pap an B
Cau 15: Cho tam gidc ABC va diém S khong ndm trong mit phang chira tam giac ABC. C6 bao nhiéu mit
phang duogc tao thanh?
A. 6 mit phing B. 2 mit phang
C. 3 mit phang D. 4 mit phang
Phwong phap

Mot mit phang duoc xac dinh néu biét né chira ba diém khong thing hang.

Loi giai

Cac mat phang duoc tao thanh la: (SAB), (SAC), (SBC), (ABC). Vay c6 4 mit phang duoc tao thanh.
Pap an D
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CAau 16: Cho hinh chép S. ABCD c6 ddy ABCD 1a hinh thang véi AB 1a day 16n. Trén doan SA, liy diém I
khong tring v6i S va A; trén doan BC 14y diém J khong trung véi B va C. Giao tuyén cua dudng thang IJ va

mit phing (SBD) la:
A. Diém H 1a giao diém SK va IJ, véi K 1a giao ~ B. Diém H 1a giao diém SE va 1J, v6i E 14 giao
diém cua AJ va BD diém ciia AD va BC
C. Piém H 1a giao diém SD va IJ D. Diém H 1a giao diém BD va IJ

Phwong phap

Céch tim giao diém cua dudng thang d va mit phang (a) :

Truong hop 1: (a) chtra duong thing d’ va d’ cit dudng thing d tai L.
Khi do, l=dnd'=1=dn(a)

Truong hop 2: (a) khong chira duong thang nao cit d.

+ Tim mat phang (B) chira d va (@) (B)=d"

+Tim 1=dnd'. Khi o, ' =97 (e)

Loi giai

Trong mit phang (ABCD), goi K 1a giao diém ctia AJ va BD
nén K thudc mit phiang (SBD) va mit phang (SAJ).
Lai cd, S thuoc mat phéng (SBD) va mat phéng (SAJ).

Do db. SK =mp(SAJ)nmp(SBD)

Trong mit phang (SAJ), goi H 1a giao diém ctia SK va 1.
Vi HelJ,HeSK mp(SBD)

Vay H 1 giao diém cua SK va mit phang (SBD).

Dap an A
CAu 17: Cho hinh chép tam giac S. ABC. Trong céc cip duong thang sau, cip dudng thing nao khéng chéo
nhau?
A.SAvaBC B. ABva SC
C.SBvaSC D. ACvaSB
Phwong phap

Néu khong c6 mit phing nao chira hai dudng thing a va b thi khi d6 ta noi duong thing a va b chéo nhau.

Loi giai
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Hai duong thang SB va SC ciing nam trong mit phiang (SBC)

nén hai duong thing nay khong chéo nhau.

Pap an C

Cau 18: Cho ttr dién ABCD. Goi L, J lan luot 1a trong tdm cua cac tam giac ABC va ABD. Goi M, N lan
luot 1a trung diém cua BC va BD. Trong cac dudng thang MN, CD, BD, BC thi IJ song song véi bao nhiéu

duong thang?
Al B.2
C.3 D.4
Phwong phap

Néu hai duong thang phan biét cling song song véi mot duong thang thir ba thi song song véi nhau.

Loi giai

ViM, N lan luot 14 trung diém ctia BC va BD nén MN la dudng
trung binh ctia tam gidc BCD. Do do, MN//CD

Al 2
Vi 114 trong tim tam giadc ABC nén AM 3

A2

ViJ 1a trong tm tam giac ABD nén AN 3 »
n_A :
Do @6, AN AM nén 1J//MN (dinh 1i Thalés dao)

Vi IJ//IMN, MN//CD nén 1J//CD
Vay dudng thang 1J song song véi hai dudng thang 1a MN va CD.
DPap an B

Céau 19: Cho hinh choép tir giac S. ABCD ¢c6 M, N, [, K lan luot 1a trung diém cua SA, SC, AD, CD. T giac
MNKI Ia hinh gi?

A. Hinh thoi B. Hinh vuéng
C. Hinh chit nhat D. Hinh binh hanh
Phwong phap

Néu hai dudng thang phan biét cung song song véi mot duong thang thir ba thi song song véi nhau.

Loi giai
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ViM, N lan luot 13 trung diém cua SA, SC nén MN la dudng trung
. MN
binh cta tam gidac SAC. Do d6, MN//AC, 2

Vi, K lan luot 13 trung diém cua DA, DC nén IK 1 dudng trung

IK
binh ctia tam giac DAC. Do d6, IK/AC, 2

Do do, IK//MN, IK=MN Vay tir gihc MNKI la hinh binh hanh.

Pap an D

CAu 20: Cho cacsda, b, ¢ (a<b<ccez) lap thanh cAp sb nhan; ddng thoi @ 0+8,C theo thir tu 1ap

thanh cép sé cong va @0+8,C+64 theo thr tyr 14p thanh cép sé nhan. Gid tri biéu thic P=a+b+cC |:

A.52 B. 54
C. 60 D. 70
Phwong phap

Cép sb nhan (u") c6 s6 hang dau 1a Y1 va cong boi q thi s6 hang téng quat Un cua nd duge xéac dinh boi

cong thire Un = U™ ygin22,

Loi giai
ac =b? ac =b? (1)
a+c=2(h+8) <«<ia-2b=16-c (2).

2 2
Theo dau bai ta c6 h¢ phuong trinh: a(c+64)=(b+8) ac+64a=(b+8)" (3)

2 _ K2 —
Thay (1) Va0 (3) ta co: b*+64a=>b +16b+64<:>4a—b—4(4)

a_c—8
a—-2b=16-c B
e 6
4da-b=4 b_4c—60
Két hop (2) va (4) ta co: 7
c=36
7(c-8)c=(4c—60)" < 9c* -424c+3600=0<| 100 < Cc=36 (ceZ).
c="—"
Thay (5) vao (1) ta co: 9

Vi €=36=a=4,b=12=P=36+4+12=52

Pap an A
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Phin ty ludn (5 diém)
Bai 1. (1,5 diém)
1) Giai cac phuong trinh sau:

a) sin® x—cos’ X +€0s3x =0
b) SinX ++/3cosx =0

2) Tim gi4 tri nho nht, 16n nhét ciia ham sé ¥ =2sin x ++/3sin2x

\ (2-sin 2x)sin3x n
tan® x+1= 7
3) Phuong trinh cos” X ¢6 bao nhiéu nghiém thudc 2 )9

Phwong phap

1) a) + Xét phuong trinh COSX =m
* Néu |m| >1 thi phuong trinh v6 nghiém.

* Néu m[ <1 thi phuong trinh c6 nghigm: X =& +K2mKeZ yy x=-0+k2m,KeZ y¢i o 1a goc thude
[O; TE] sao cho cosoa=m

b) sina=0<a=kn(keZ)

2) Str dung kién thire —1<sinx <1

3) + tanx x4c dinh khi CosX # 0

+ Xét phuong trinh SinX=m
* Néu |m| >1 thi phuong trinh vo nghiém.

# Néu IM =L thi phuong trinh c6 nghiem: X =a+k2mKeZ 3 x=n-a+k2mKeZ y4i o 1a goc thuse

35

2"2 sao cho sina=m
Loi gidi

1)

a) sin”x—c0s” X +€0s3x =0 <> cos3x — €05 2X =0 <> C0s3X = COS 2X
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x=k2n
33X =2x+k2n
<:>[3x:—2x+k27t(kEZ)<:> x=%(kez)

X:k2n,X=@(keZ)
Vay phuong trinh da cho c6 ho nghiém la 5

sinx+\/§cosx=0<:>Esinx+7cosx=0<:>cos£sinx+sin£cosx=0
<:>sin(x+§j:0<:>x+g=kn(keZ)<:>x:—£+kn(keZ)

X =—£+k7t(k eZ)
Vay phuong trinh da cho c6 ho nghiém la 3

2) Taco; »=2sin’ x4+/35in2x =1—cos2x ++/3 sin2x

=4+/3sin2x —cos2x +1 :2[§sin2x—%c052x +1

= 2[5in2xcosg—sin%c052x]+l = 25in[2x—Z]+l

. —lgsin[Zx—I]g1:>—1§1+251n[2x—z]§3:>—1§y§3.
Ma 6

Do d06, gia tri nho nhat cia ham so6 1a -1, gia tri 1on nhat ctia ham s6 1a 3.

3) Piéu kién: cosx #0

eyl (2—sin22x)sin3x
an*x+1=

- &> sin x+cos’ x = (2-sin” 2x)sin 3x
cos*

<::>(sin2 X +C0S° x)2 —2sin® X cos® X =(2—sin2 2x)sin 3x
<:>1—Esin2 2X =(2—sin2 2x)sin 3X < 2-sin?2x = 2(2—sin2 2x)sin 3x

e sin2x = /2 (VL)
& (2-sin 2x)(1-2sin3x) =0 | 25" 2X =0, 1
1-2sin3x=0 sin?,x:E
3x ==+ k2 x=£+@
osindx=sinfe| O (kez)e| B 3 (kez)
_5n kan

3 = -~ +k2n =4
6 18 3

X

(thoa mén diéu kién)
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voi K=1thi 18 hoic 18 (thoa mén dilu kién). VAy c6 hai nghiém thudc \ 2

Bai 2. (1,5 diém)
a) Cho cap sd cong (un) c6 U1 =4 Uy =10. i Uy,

U1:3

(Un) { —
b) Cho day sb (u,) N Unig =y1+Un i cong thirc s6 hang tong quat ciia ddy s trén.

Phwong phap
a) Néu mot cip sb cong (u“) ¢6 s6 hang dau Y1 va cong sai d thi s6 hang tong quat Yn cua n6 duoc xac

dinh bdi cong thirc: Uy = Uy +(n _1)d’ n>2

b) Cong thirc truy hoi 14 hé thirc biéu thi s6 hang thir n cia diy s6 qua s6 hang (hay vai s6 hang) ding trudc
no.

Loi giai

a) Ta co: d=u,-u,=10-4=6 p, do, Uy = u1+(100—1)d =4+99.6 =598

b) Ta co

N
IO
- i F 2
T3

|I
w
Il

II
=
RN

II
-
I
N

w

-1(%
Vay cong thire s6 hang tong quét cua day sb 1a: Un = V3 +n-1
Bai 3. (1,0 diém) Cho hinh chop S. ABCD c6 day 14 hinh binh hanh tim O. Goi M 1a trung diém cua SB. N

1a diém trén canh BC sao cho BN =2CN . X4c dinh giao tuyén ctia mit phang (SCD) va mit phang (AMN).

Phuong phap
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Néu hai mat phan biét (P) va (Q) c6 diém chung thi chiing c6 mét dudng thing chung duy nhit d chira tit ca
cac diém chung cia hai mat phing d6. Puong thing d d6 goi 14 giao tuyén cua hai mit phang (P) va (Q), ki

hieu 9=(P)N(Q)

Loi giai

Trong mit phang (ABCD), goi H 1a giao diém ctia AN va CD

Vi H thuoc AN nén H thudc mit phing (AMN), H thuéc DC
nén H thudc mit phing (SCD).

Trong mit phing (ABCD), goi I 4 giao diém cta AN va BD
nén I thudc mit phiang (SBD).

Trong mit phiang (SBD), goi K 14 giao diém cua IM va SD
nén K thudc mit phang (AMN) va mit phing (SCD).

Do d6, HK 1a giao tuyén ctia hai mit phang (AMN) va mit
phang (SCD).

Bai 4. (1,0 diém)
a) Cho hinh chép S. ABCD c6 d4y 1a hinh thang véi day 16n 1a AB. Goi I, J lan luot 1a trung diém cia AD
va BC va G 14 trong tim ciia tam gidc SAB. Tim giao tuyén ciia mit phang (SAB) va mit phing (IJG)

b) Cho hinh chép S. ABCD ¢6 day ABCD la hinh binh hanh. Goi ©1'C2 1an Iuot 1a trong tam céc tam gidc
SAB va SCD. Goi M, N Iin luot 14 trung diém cta AB, CD. Chimg minh ring :C2 //AD//BC

Phuong phap

Néu hai mit phang phan biét 1an luot di qua hai duong thang song song thi giao tuyén ctia ching (néu co)
song song voi hai dudng thang d6 hoic tring voi mot trong hai duong thang do.

Néu hai dudng thang phan biét cung song song véi mot duong thang thir ba thi song song véi nhau.

Loi giai
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a) Vi I, J 1an luot 1a trung diém ctia AD va BC nén IJ 1a duong
trung binh cta hinh thang ABCD. Do do, 1J//AB//CD.

Ta c6: G 1a diém chung gitta hai mit phing (SAB) va (IJG)

{(SAB) S AB;(IIG) o1
Ma (AB/1J

Nén giao tuyén ctia mit phiang (SAB) va mat phang (1JG) 1a
duong thing qua G va song song voi AB va IJ (duong thing
PQ nhu hinh v§).

b) Vi G1.G; 13n luot 1a trong tdm céc tam giac SAB va SCD

nén SM SN

2
3 nén MN//Gle

ViM, N lan lugt 1a trung diém cua AB, CD nén MN//AD//BC.

Do do, G2 //ADIBC
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