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Phin tric nghiém (4 diém)
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Bo sach Két ndi tri thirc
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B B A D D C C A
Caull: [Caul2: [Caul3: [Caul4: [Cauls: [ Caule: | Caul7: | Cau18: | Cau19: | Céau 20:
B C B C A C B A D A

A A \ \ . . .y ;A T 4. .y cr g .4
Cau 1: Trén duong tron luong gidc, cho goc lugng giac co6 s6 do 5 thi moi goc lugng gidc c¢o cung tia dau

va tia cudi voi goc lugng giac trén déu co s6 do dang

Az B. Z+kZ (keZ)
2 2 2
C. %+k2ﬂ',(k€Z) D. %+k7r,(keZ)
Phwong phap

Néu mot goc luong gidc ¢ s6 do @’ (hay a radian) thi moi goc luong giac cd cung tia dau va tia
cudi voi goc luong giac d6 cd dang o’ +k360° (hodc o+ k27 ) véi k 1a s6 nguyén.
Loi giai

A \ \ .7 . 7 (e ) \ . A N g A e ) (4 r A v
Trén duong tron luong gidc, moi goc lugng gidc cd cung tia dau va tia cudi véi goc lugng giac ¢6 so6 do 5y
v 24X s A T
thi déu co so do dang E+ k27r,(k € Z) :
Pap an C

Cau 2: Tinh P=sin(a+£j+cos(37z—a)+cot(7r—a),biét sinocz—l va -Z<a<o.
2 2 2
A 33-1 B. -3
2
C.\3 33 +1

2
Phwong phap i
B1: Bién doi biéu thuc P dé chi con cac gid tri lugng gidc cia goc «

D.

B2: Tu sma:—z va —E<a<0 tinh cac gia tri lwong gidc con lai cua goc o

Loi giai
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Taco: P=sin(a+zj+cos(37z—a)+cot(7r—a)
2

:sin(g_(_a)j+cos(zmn_za)mt(n_a)

= cos(—a)—cos(—a)+ cot(—a').
=Ccosa—cosa —cota
=—cotx.

2
Do cos’a=1-sin*a=1- 1 :E:cosaziﬁ .
2 4 2
3

. T R
Ma —E<a<0:>cosa>0 nén cosa=7.

cosox
Suyra cota =— =—\/?_>.
sina

Do dd P=—cota =+/3 .

Pap an C

CAu 3: Gi4 trj ctia bidu thic A = sin(% + %J la:
A J6 -2 5 J6 ++2
T T

c ~J6+2
R

Phwong phap
Str dung cong thirc cong.
Loi giai

z_\3

, T 7z . T T . T 2
Tacd A=sin| —+— |=sin—cos—+Sin—cos—=—.—+—.
3 4 3 2

Pap an B

Cau 4: Cong thic sin2a bang
A. 2sina.cosa B. sina
C. cosa D. cos2a

Phwong phap

Ap dung cong thirc nhan doi

Loi giai

Ta co: sin2a=2sina.cosa.

Pap an A

Cau 5: Chu ky tudn hoan cta ham sé y =sinx 1a
A k2x

C.rx
Phwong phap
Tinh tuin hoan ciia ham sb lwgng giac co ban:
- Ham s6 y =sinx tun hoan véi chuki T =27.

O w
NN

- Him s0 y =cosx tuan hoan véichuki T =2r.
- Ham s0 y =tanx tuan hoan véichuki T'=7.
- Ham s6 y =cotx tuan hoan véichuki T=7.
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Loigidi ‘
Ham s6 y=sinx tuin hoan voichuki T =27.
Pap 4an D
Cau 6: Ham s6 nao sau day 1a ham s6 162
A. y=-2cosx B. y=-2sin"x+2
C. y=-2sinx D. y=—2cosx+2
Phwong phap

Buwdc 1: Tim tap xac dinh D ctia ham sb, khi do:

- Néu D la tap doi xung (tic Vx € D = —x € D), thi ta thuc hi¢n ti€p budc 2.

- Néu D khéng phai tap doi xtng (tirc 1a 3x € D ma —x ¢ D) thi ta két ludn ham s6 khong chan khong 1é.
Budc 2: Xéc dinh f(-x):

-Néu f(-x)=f(x),VxeD thikét luan ham s6 1a ham s6 chén.

-Néu f(—x)=—f(x),VxeD thikét lugn ham s6 la ham s 1¢.

- Néu khong théa man mgt trong hai diéu kién trén thi két luan ham sé khong chan khong 1€.
Loi giai

Tap x4c dinh ciia ham s6 y = f(x) =-2sinx la D=R.

Do d6, néu x thudc tép xac dinh D thi —x ciing thudc tap xac dinh D.

Taco f(—x)=-2sin(-x) =sinx=—f(x).

Vay y=-2sinx lahamsb le.

Pap an C
Cau 7: Tap nghiém cta phuong trinh cosx =-1 la:
A. S:{§+k2ﬂlkel}. B. S:{—§+k2ﬂ|keZ}.
C. S={k2rlkeZ}. D. S={r+k2zlkeZ].
Phwong phap

- Truong hop |m| >1 phuong trinh v6 nghiém.

- Truong hop ‘m‘ <1, khi d6: Téon tai duy nhat mot sé thuc a € {—%,%} sao cho cosa=m.

X=a+k2rx
Tacd: cosx=cosa < ,(keZ).
Xx=—a+k2rx
Loi giai
Tacdé cosx=-1<x=rn+k2n,keZ.
Pap an D
A 2 A A1 PO - A . . 3z \/5 X
Cau 8: Tong nghiém 4m 16n nhat va nghiém dwong nho nhat ctia phuong trinh sin| 3x — T = 7 bang:
A Z B. -Z.
9 6
c.Z. D. -Z.
6 9
Phuong phip e 7
Ap dung cac cong thirc gidi phuong trinh luong giac co ban roi két hop di¢u kién da cho dé chon nghiém
thoa man.
Loi giai
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37z7z

3x—-—="+k2x
Ta co sin 3x—3—7[ :£<:>sin 3x—3—” —sinZ o 4 3
4 2 4 3 37
3x-F— 7" L kon
4 3
3x=13—”+k27z X = 137[ k—
& 1172 & 1376 3 (keZ).
3x =" 1 kon x=—= k—
12 36 3
1372_ x>0<:>k>—E:>kmin:0—)x:13_7[
TH1. Véi x_—+k—&) 24 36
36 3 13 11z
yr<0eok<——S=k =—1-ox=-"2C
N 24 max 36
1772_ x>0<:>k>—£:>kmin:0—)x:]7_ﬁ
TH2. me-—+k—&> 24 36 _
36 3 17 7
x<0ek<—-—=k =-1ox=-"2=
L 24 max 36

. . 7 . 13 .
So sanh bon nghiém ta dugc nghi¢ém am lon nhat la x = —3—72 va nghi¢ém duong nhé nhatla x = 3_67[ . Khi do6 tong

hai nghiém bang 13—” - 7—” = Z
36 36 6
Pap an C
A ~ A 1 1 1 A N A A A <A s r A , A r 5
Cau 9: Cho day so 1,5 6 2— .. (s0 hang sau bang mét phan ba so hang lién trude no). Cong thic tong quat cia
day s6 di cho la
n n-1
A u = 1 B.u = 1
"3 "3
1 n
Cu=— (_1)
" 3” D' u?l = 311—1
Phuong phap : - ,
Tim tinh chat chung cia cac s6 trong day so roi dy doan cong thire tong quat.
Loi giai
1 n-1
Tir cac sb hang dau tién cta diy sd ta du doan u, = ng .
Pap an C
Cau 10: Cho day s6 (u, ) xac dinh boi 1, =2n—1 véi n>1. S hang u, bing
A 1. B. 2
C. 3. D. 4
Phwong phap i )
Thay n=1 vao cong thirc tong quat cua day so.
Loi gidi
Taco: u, =2.1-1=1
Pap an A
Cau 11: Trong cac day sb (un) sau day, diy sé nao 1a cip sé cong?
A S 3 g 1= -1
un+1 = zun + 1 un+1 _un =2
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‘C‘ulzr' o - 'D.\u;=1' |
. un+l=uz_1 un+1:un+n

Phuwong phap

Pé chimg minh day sb (un) 1a mot cp s cong, ta xét A = u ., —u
e Néu A 1a hing sb thi (un) 12 mot cAp sb cong voi cong sai d=A.

e Néu A phu thudc vao n thi (un) khong 1a cip sb cong.

Loi giai

Xét phwong an A: u, =7,u, =15 Vi u, —u, #u, —u, do dé (un) khong phai 1a cap sé cong.
Xét phuong an B: theo gia thiét ta co u ,—u, =2,vneN" dodo (un) 1a cép s6 cong.

Xét phuong an C: u, =0,u, =-1,u, =—2;u, =-9 do do (un) khong phai la cép s6 cong.

Xét phuwong an D: u, =2,u, =4 Vi u, —u, #u, —u, do dé (un) khong phai 1a cap sb cong.

bap an B

Cau 12: Cho cép sé cong (un)biét u, =48 va u,, =83. Tim cap (”1; d).
A. (7;13) B. (-7;-13)
C. (13; 7) D. (-13; -7)

Phuwong phap

Duya vao gia thuyét, ta 1ap mot hé phuong trinh chira cong sai d va s hang dau u, , giai h¢ phuong trinh nay

tim dugc d va u, .

Loi giai
. |u, =48 u, +5d =48 u, =13
Taco: & & .
u, =83 u, +10d =83 d=7
Pap an C

CAu 13: Trong hoi cho, mot cong ty son mudn xép 1089 hop son theo sb luong 1,3, 5, ... tir trén xudng dudi.

A. 63 B. 65

C. 67 D. 69
Phwong phap

Cho mdt cap sb cong (un) ¢6 sb hang dau u, vacong sai d.

Hang cudi cung c6 bao nhiéu hop son?

bat S =u, +u, +..+u,.
n(u1 +un) n[Zul +(n—1)d]
= =nu

2 ! 2

Khidé: S = hodc S,
Loi giai ,
Gia st 1089 dugc xép thanh n hang.
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Tir gia thiét ta cc')‘ 56 hop son tfén moi hang 1a sé hejng cﬂa mot cap sb céngr (un;) v6i s6 hang déﬁ u =1 cﬁné
sai d=2.
Do dé: S, =1089 <> n+n(n-1)=1089 <> n=33.

Vay s6 hop son ¢ hang cubi cing la: U, =1+32.2=65.

Pap an B
CAu 14: Trong cac diy sd cho dudi day, diy sb nao 1a cip s6 nhan?
A 1,-2,4,8,-16 B. 2, 22,222, 22222,
C.3,6,12,24. D. x, 2x, 3x, 4x voi x #0.
Phwong phap

Chung minh Vin>1,u , =u g trong do q la mot s6 khong dbi.

) L . 51 A . K u
Néu u #0 v6imoi neN thitalap ti so T=—ml,
u

+ T 1a hang s6 thi (u,) la cip sb nhan co6 cong boi qg=T.

* T phu thudc vao n thi (1, ) khong la cap s nhan.

Loi gidi
Ta thiy & dap an C c6 6 =3.2, 12=6.2, 24 =12.2 nén déy 1a cAp sb nhan véi cong boi g=2.
Pap an C
Céu 15: Mot cép s6 nhan c6 sb hang dau 1, =3, cong bdi g=2.Biét S =765. Tim n?
A n=8 B.n=9
C.n=6 D.n=7
Phwong phap

Cho mot cap s6 nhan (un) 0 s hang dau u, va cong boi g.

bat S =u, +u, +...+u,.
n

Khi d6 : Sn=u1.11_—q,q¢1.
-q

Loi giai

, o u(1-9") 3.(1-2")

Ap dung cong thire ciia cap so nhantaco: S, = 1 = = =765 <©n=8.
_q p—

Pap an A

A s A A 5 ’ A 5 A A A A r A A \ ]- A ) \ N A
Cau 16: Tinh tong tat ca cac so0 hang cua mdt cap so nhan c6 so hang dau la > s0 hang thir tu 1a 32 va so

hang cudi 1a 2048 ?

A 1365 B. 5416
2 2
C 5461 D 21845
2 2
Phwong phap

Cho mét cap so nhan (un) 0 s0 hang dau u, va cong boi q.

bat S =u, +u, +..+u,.
n

1-—

Khidé: S, =u.—1 g1,
1-q

Loi gidi

Theo bai rata co u, =%, u, =32 vau =2048.
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U, =u.q° :>32=1.q3 —q=4

2
u,=2048 = u,.q""' =2048 =>4 =4°=n=7
1 7
u(1-4") S(1-4
Khi d6 téng cua cap sé nhan nay la S, = 1( i )z 2( )=5461.
1-¢g 1-4 2
Pap an C
Cau 17: Piéu tra vé chiéu cao ciia hoc sinh khdi 16p 11, ta c6 két qua sau:
Nhém Chiéu cao (cm) Sb hoc sinh
1 [150;152) 5
2 [152;154) 18
3 [154;156) 40
4 [156;158) 26
5 [158;160) 8
6 [160;162) 3
N =100
Gia tri dai dién cua nhom thi tu la
A. 156,5 B. 157
C.157,5 D. 158

Phuong phap

Doc bang so6 ligu.

Loi giai

Gia tri dai dién ciia nhom thir twr 1a @ =157.

Pap an B

Cau 18: Khao sat thoi gian tap thé duc ctiia mot sb hoc sinh khéi 11 thu duge mau sd lidu ghép nhom sau:
Thai gian (phat) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)

S6 hoc sinh 5 9 12 10 6
Nhém chira mét ctia mau s6 liéu trén 1a
A. [40;60) B. [20;40)
C. [60;80) D. [80;100)
Phwong phap o )
Nhom chira mot 1a nhom c6 tan so6 16n nhat.
Loi giai
Mot M, chira trong nhom [40;60)
Pap an A
Cau 19: Cho mau sb liéu ghép nhom vé thoi gian (phit) di tir nha dén noi 1am viéc cta cac nhan vién mot cong ty
nhu sau:
Thai gian [15;20) | [20;25) | [25;30) | [30;35) | [35;40) | [40;45) | [45;50)
S6 nhan vién 7 14 25 37 21 14 10
T phén vi thir nhét Q, va ttr phan vi tht ba Q, cua mau s liéu ghép nhom nay 1a
1360 800 1360 3280
A. = 7 = — Bl = P = —_—
& 37 Q=1 & 37 2 83
136 3280 136 800
C.Q=—-,0,=— D. == 0. =—
Q=750 Q="5=7

Phwong phap
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P4 tinh tir phan vi tht nhit Q, ctia mAu s8 liéu ghép nhom, trude hét ta xéc dinh nhém chira Q, , gia sir do

la nhom thir p : [ap ;ap+1). Khi do,

trong d6, n la cd mau, m, 1 tAn s6 nhom p, véi p=1 ta quy udc m, +...+ m, = 0.
Loi giai
Comaula n=128.

Xy déu thudc nhom [25;30) nén nhém nay chira Q,.

. B z X, B X
Tir phan vi tha nhat Q, la % Do x,,,

Do d6, p=3;a, =25;m, =25;m, +m, =21,a, —a, =5 vataco
——=21

4 136
=25+ 5=
Q 25 5

X,, déu thudc nhém [35;40) nén nhém nay chira Q, .

. . i C Xge X
Véi tr phan vi thir ba Q, 1a % Do x,,,

Do d6, p=>5;a, =35 m, =21;m +m, +m,+m, =7 +14+25+37 =83;a, —a, =5 vataco
3.128_83

4 800
=35+ 5= :
% 21 21

bap an D
Cau 20: Khao sat thoi gian tap thé duc ctia mot s6 hoc sinh khéi 11 thu duge mau s liéu ghép nhém sau:
Thoi gian (phat) | [0;20) | [20;40) | [40;60) | [60;80) | [80;100)

Sé hoc sinh 5 9 12 10 6
Nhém chira trung vi cia mau s6 liéu trén 1a
A. [40;60) B. [20;40)
C. [60;80) D. [80;100)

Phuong phap
Nhoém chira trung vi 1a nhém chira 2 phan tir ¢ giita ciia ddy s6 liéu.
Loi giai
Taco: n=42

. < N . X, +X
Nén trung vi ciia mau so liéu trén 1a Q, = %

Ma x,,,x,, €[ 40;60)

Vay nhom chira trung vi ciia mau s6 liéu trén 1a nhom [40; 60)

Pap an A

Phin ty luan.

Bai 1.

Tim gi4 trj 16n nhit va gid trj nho nhat : y=tan>x—tanx+1 voi xe {—%;ﬂ .
Phuong phap

B1: bat an phu va tim diéu kién cta an

B2: Lap bang bién thién, khao sat ham s6 roi két luan
Loi giai

Pat tanx=#, t €[ ~1;1], hams6 c6 dang: y =" —t +1.
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Xéthamsd y =t —t+1 trén I:—l,' l:l c6 BBT nhu sau:

1
t 2 1 +0o0

i

1
Gia tri nho nhét ctia ham sb bang Z khi va chi khi t_E tlre tanx-% S x= arctan[2)+k7r, keZ.

Gi4 tri 16n nhit cua ham s6 bang 3 khi va chi khi t =—1 tic 1a tanx=—1 < x:—%+k7r, keZ.
Bai 2.

a) Giai phuong trinh cot [x + %) = \/5

b) Giai phuong trinh cos3x—sin2x =0
c¢) Giai phuong trinh sin4x+1—-2cos2x =sin2x.

Phuong phap
a) Taco: cotx=m <> cotx=cota <> x=a+kr (keZ).

b) Ap dung cic cong thirc lugng giac dac biét dé dua vé phuong trinh lwong giac co ban.
¢) St dung cong thirc nhan do6i dé lam xuat hién nhan tir chung: sin2x =2sinxcosx.
Loi giai

a) Taco: cot x+Z|=Box+i=2ikrox=-L+kr (keZ).
3 3 6 6
b) Tacd cos3x —sin2x =0 < cos3x =sin2x <> cos3x = cos(% —ZxJ

<:>3x=i(%—2xj+k2ﬂ, keZ.

sx="ikor | x=XrkZ
= 2 ol 105 ke
x——§+k27z X=—-—+k2x

c) Tacéd: sindx+1—2cos2x =sin2x
< 2sin2x.cos2x+1—2cos2x—sin2x =0

& (sian-l)(Z Ccos2x — 1) =0

[sin2x =1

COS2x= l
2

7
x=—+kr
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Bai 3.

a) Cho cip s cong {un} cou,=-12; u, =18. Téng cua 16 s6 hang dau tién cua cip sb cong bang bao
nhiéu ?

b) Mot du khach vao chudng dua ngya dit cuge, 1an dau dat 20000 dong, mdi lan sau tién dat gp doi lan
tién dat coc trude. Ngudi d6 thua 9 1an lién tiép va thing & 1an thr 10. Hoi du khéac trén thang hay thua bao
nhiéu?

Phwong phap

a) Cho mot cip sd cong (un) ¢6 s6 hang dau u, vacong sai d.

bat S =u, +u, +..+u,.

n(u, +u,)

Khido: §, ==~ hoc § =”[zul+(n_1)d]=nu (1),

" 2 ! 2
b) Cho mét cép s6 nhan (un) ¢6 sb hang dau u, vacong boi g.

bat S =u +u,+...+u .
n

Khi d6 : Sn=u1.11_—q,q¢1.
-q

Loi giai
. u, =-12 u, +3d=-12 u, =-21
a) Taco: = = .
u, =18 u,+13d=18 a=3

16.15'3:24.

Tong ctia 16 s6 hang dau tién cia cap sd cong la: S = 16.(—21) +

b) Sé tién du khéac dit trong mdi 1an (ké tir 1an dau) 1a mot cap s6 nhan co u, =20 000 va cong boi g=2.

Du khach thua trong 9 1dn dau tién nén tong s tién thua la:

u, (1 -7’ )
1-p

S6 tién ma du khach thang trong lan thtr 10 13 u,, =u,.p’ = 10240000

Taco u,,—S, =20 000 >0 nén du khach thing 20 000.

Bai 4.

Mot ctira hang da ghi lai s6 tién ban xang cho 35 khéach hang di xe may. Mau sd liéu géc codang: x,,x,,..., X,

S, =ty + 1ty + .1y = — 10220000

trong do x, la s tién ban xang cho khach hang thtr 7. Vi mot 1i do nao d6, cira hang chi c6 mau sb lidu ghép
nhom dang sau:

S tién (nghin déng) [0; 30) [30; 60) [60; 90) [90; 120)
$6 khach hang 3 15 10 7

56 tién khach hang mua xang

a) Tinh trung vi ctia mau s6 liéu ghép nhom nay.

b) Tim t& phan vi thir nhat va t& phan vi thir ba ciia mau s6 liéu ghép nhom nay.
Phwong phap

a) Pé tinh trung vi cia mau s liéu ghép nhom, ta 1am nhu sau:

Buoc 1. Xac dinh nhom chura trung vi. Gia stir d6 1a nhoém thir p : [ap ; apﬂ) .

n
E—( 1+...+mp_1)
'<av+l_ap)’
mP
trong d6 n 1a cd mau, m, 1 tan s0 nhom p. V6i p=1, ta quy udc m+.+m =0.

Budc 2. Trung vila M, = a,+
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b) Dé tinh t& phan vi thtr nhét Q, ctia mu s6 lidu ghép nhom, trude hét ta xac dinh nhom chira Q. , gid st

do 1a nhom thir p - [a,;a ., ). Khi do,

trong d6, n 1a ¢ mau, m, 1a tan s6 nhom p,voi p=1 taquy uéc m, +...+ m, = 0.
DE tinh tir phan vi tht ba Q, clia mau sb liéu ghép nhom, trude hét ta xéc dinh nhom chira Q, . Gid sir d6 la
nhom tht p : [ap ;“p+1) . Khi do,
3n
Z—( 1 +...+mp_l)
(a,,-4,),
p+1 2

n,

Q3:ap+

trong d6, n 1a ¢ mau, m, 1a tan s6 nhom p,voi p=1 taquy udc m, +...+ m, = 0.

Tt phén vi thir hai Q, chinh la trung vi M, .

Nhén xét. Ta ciing c6 thé xac dinh nhom chira t&r phan vi th 7 nho tinh chét: ¢6 khoang (%j gia tri nho
hon tr phan vi nay.

Loi giai

a) Trung vila x thudc nhom [30;60), do d6 p=2;a, =30;m, =15;m, =3,a, —a, =30

®_3

vataco: M, =30+ 215 x30=59

b) T phan vi thir nhat Q, la x, thuoc nhém [30;60), do d6 p =2;a, =30;m, =15;m, =3;a, —a, =30 vata

5,

c6: Q, =30+ 415 x30=41.5

Tt phan vi thir ba Q, 1a x,, thuoc nhom [60;90),

do d6 p=3;a, =60;m, =10;m, +m, =3+15=18;a, —a, =30 vata co:
3x35 18

Q, =30+4Tx30 ~54.75

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT tif1dp 1 - 16p 12 tét cé cac mén




