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PE THI GIUA HQC Ki I - Pés6 5
Mon: Toén - Lop 11
Bo sach Canh diéu + Chan troi sing tao
BIEN SOAN: BAN CHUYEN MON LOIGIAIHAY.COM

a Muc tiéu
- On tdp cdc kién thirc vé ham s6 lwong gidc va phwong trinh lwong gide, ddy s6, cdp s6 cong, cap sé nhan,
dwong thang va mdt phang trong khéng gian, quan hé song song trong khéng gian ciia chiong trinh sdch
gi&o khoa Toan 11 — bg sdch Cénh diéu va Chan troi sang tao.
- Van dung linh hoat ly thuyét da hoc trong viéc giai quyét cdc cdu héi trdc nghiém va tw lugn Toan hoc.

- Tong hop kién thire dang hé thong, dan trdi cac bai hoc — chicong trinh Todn 11.

Phén tric nghiém (5 diém)

Cau 1: Goc lugng giac nao dudi day twong tmg véi chuyén dong quay 2% vong theo chiéu kim

dong ho?
0
A =792 B. - 227 rad
C. Ca A va B déu ding D. Ca A va B déu sai.

Céu 2: Cho goc « thoéaman 3cosa +2sina =2 va sina <0. Chon dap an ding:
. 7
A. sina+cosa =—.
13

B. sina+cosag =——.
13

! 8
C.sina+cosa=——.
13

) 8
D. sina+cosa =—.
13

Cau 3: Cho goc a théa min cos2a = —%. Tinh P:(1+3silr12 0!)(1—4C082 a).
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Cau 4: Chon dép an ding.
A. D6 thi ham s6 y =sinx nhéan truc tung lam tryc doi xing
B. D6 thi ham s Yy =sinx nhan tryc hoanh lam truc ddi xting
C. Do thi ham sb Yy =sinx nhan géc toa do lam tam ddi xung
D. Ca A va C déu ding

Cau 5: Goi M, m lan luot 1a gid tri 16n nhét va gia tri nho nhat cia ham s6 y = 8sin” x+3cos2x .

Tinh P=2M+m.
A. 11 B. 12
C. 13 D. 14

CAu 6: Sir dung may tinh cim tay dé giai phuong trinh 4 tanx —9 =0 véi két qua 1a radian (1am tron
két qua dén hang phan tram) 1a:

A. x=1,15+kr,keZ B. x~1,15+kx,keZ
C. Ca A va B déu ding D. Ca A va B déu sai
Cau 7: Gia si mot vat dao dong diéu hoa xung quanh vi tri can bang theo phuong trinh
X = 6c0s (St — %j . O day, thoi gian t tinh bang gidy va quing duong x tinh bang centimét. Hiy cho

biét trong khoang thoi gian tir 0 dén 6 gidy, vt di qua vi tri can bang bao nhiéu 1an?

A. 10 B.9
C.13 D.11
Céu 8: Day b ¢6 cac sb hang cho boi —2;2;-2;2;-2;---. c6 $b hang téng quat 1a cong thirc nao dudi
day?
A =2(-1)". B. u,=2(-1)".
C.ou =-2 D.u =2
A ot < % 1 1 g A
Cau 9: Cho day so (un) =—+—+...+———. Chon dép an dung.
14 47 7 n(n+3)

A. Diy sb (u,) bi chn trén va khong bi chin dudi
B. Day sb (un) bi chan dudi va khong bi chan trén
C. Diy s (un) bi chan

D. Day s6 (u, ) khong bi chin
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Cau 10: Cho diy sb %; 0;_?1; —1;_73 . Chon khing dinh dung.

N | =

~ A A A A A r A A 2 1 X AA -
A. Day s0 trén 1a cap s6 cong c6 so hang dau la N va cong sai —

—_

~ A A N A A A LA A \ ]- N A A
B. Day s06 trén la cap s6 nhan c6 s6 hang dau la 5 va cong boi —

N

A A N A A A LA A \ ]- N A A 1
C. Day so trén la cap so nhan c6 so hang dau la > va cong boi )

~ A A N A A A r A A \ 1 XN AA -
D. Day so trén la cap so cdng c6 soO hang dau la > va cong sai >

CAu 11: Mit san ting 1 (tAng trét) ciia mot ngdi nha cao hon mit san 0,6m. Cau thang di tir ting mot
1én téng hai gém 25 bac, mdi bac cao 15cm. PO cao clia mit san téng hai so v&i mat san la:

A. 4,25m B. 4,2m
C.4,35m D. 4,3m

Cau 12: Ngudi ta trong 3003 cdy theo dang mot hinh tam giac nhu sau: hang thir nhat trong 1 cay,
hang thtr hai trong 2 cdy, hang thir 3 trong 3 cdy, ..., i tiép tuc trong nhu thé cho dén khi hét s cay.
S6 hang cay trong duoc 1a:

A. 79 hang B. 78 hang

C. 80 hang D. 77 hang

Cau 13: X¢ét diy sd gom tat ca cac sb tu nhién 1a wdc ctia 10. Chon khang dinh dung
A. Diy s trén 1a ddy s6 hiru han gom 8 s hang
B. Diy sb trén la ddy s6 hitu han gom 4 sb hang
C. Diy s6 trén 1a day s6 hitu han gom 5 sb hang
D. Day s6 trén 1a day sd v6 han
Cau 14: Hinh v€& dudi day 1a hinh gi?

5
1 C
B
A. Hinh chdp tam giac B. Hinh tr dién
C. Ca A va B déu dung D. Ca A va B déu sai
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Cau 15: Cho bdn diém A, B, C, D ciing nam trong mdt mat phang va khong c6 3 diém nao khong
théng hang. DPiém S khong thudc mat phéng chtra 4 diém A, B, C, D. C6 tat ca bao nhiéu mat phéng
duoc tao thanh tir 5 diém trén?

A. 6 mat phang B. 7 mit phing

C. 3 mit phang D. 4 mit phang

Cau 16: Cho hinh chép S. ABCD c6 déy 1a hinh thang, day 16n AD. Goi I 14 trung diém ctia SB.
Giao diém cua Al va mit phing (SCD) la:

A. Piém M la giao diém cua Al va SC

B. Biém M 1a giao diém cia Al va SD

C. Piém M 1a giao diém cta Al va SO, véi O 1a giao diém ctua AC va BD.

D. Diém M 1 giao diém cua Al va SO, véi O 1a giao diém ciia AB va CD.
Cau 17: Cho hinh chép S. ABCD c6 day ABCD 1a hinh thang. Trong cac cip dudng thang sau, cip
duong thang nao khéng cat nhau?

A.SAvaAC B. ABvaBC
C.SBvaDA D. ACvaDB

Cau 18: Cho tir dién ABCD. Trén céc canh AB va AC lan lugt léy cac diém M va N sao cho

AM _MN Giao tuyén ctia hai mat phang (DBC) va (DMN) la:

AB  BC
A. Pudng thang qua D song song véi MN B. Puong thiang qua D song song v6i BC
C.Ca A, B déu ding D. Ca A, B déu sai

Cau 19: Cho hinh chép S. ABCD c6 ABCD 14 hinh binh hanh. Goi M, N, P, Q 1an luot 13 trung diém
ctia cac canh SA, SB, SC, SD. Trong cac duong thang, AB, BC, CD, DA, PQ, c¢6 bao nhiéu dudng
thang song song véi MN?

Al B.2

C.3 D.4
Cau 20: Pé tiét kiém ning luong, mot cong ty dién luc dé xuat ban dién sinh hoat cho dan theo hinh
thirc lily tién (bac thang) nhu sau: Mdi bac gom 10 s; bac 1 tir s6 thir 1 dén s thur 10, bac 2 tir sd
thir 11 dén sb thir 20, bac 3 tir s6 thir 21 dén s6 thir 30; ... Bac 1 co gia 1a 600 dong/1 sb, gia ciia mdi
sO & bac thir n+1 ting so v4i gia cia bac thi n 1a 2,5% . Gia dinh 6ng A sir dung hét 345 s trong
thang 1. Hoi thang 1 ong A phai dong bao nhiéu tién? (Iam tron két qua dén hang phan tram, don vi

1a dong)
A. 322 623,28 dong B. 320 622,28 dong
C. 321 621,28 dong D. 324 620,28 dong
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Phin ty luin (5 diém)

Bai 1. (1,5 diém)

1) Giai cac phuong trinh sau:
a) 8sin’ x—1=0

b) sin4x+cos5x=0

2) Li d6 s(cm) ctia mot con lic ddng hd theo thoi gian t (gidy) cho bai ham sb s =2coszt. Dya vao
d6 thi ctia ham s cosin, hiy xac dinh céc thoi diém t trong 1 gidy dau tién thi li d6 s nam trong doan

...............................................................................................................

3) Cho phuong trinh sin®"® x + cos™® x = 2(sin2020 x + cos™™® x) . Tinh tong cac nghiém cua phuong

trinh trong khoang (0;2020)

Bai 2. (1,5 diém)

a) Cho cap s cong (un) cO u, +2u;, =0 va S, =14. Tinh s6 hang dau u, vacong sai d cta cip sb
cong.

b) Cho day sb (un) ¢6 s6 hang tong quat 13 u, = 2(3”) v6i neN'. Tim cong thuc truy hoi cia day
s6 trén?
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Bai 3. (1,0 diém) Cho tir dién SABC. Trén SA, SB va SC lan luot lay cac diém D, E, F sao cho DE
cat AB tai I, EF cat BC tai J, FD cat CA tai K. Ching minh ba diém I, J, K thang hang.

Bai 4. (1,0 diém)

a) Cho tir dién ABCD ¢6 G,,G, lan luot 1a trong tdm tam giac ACD va tam giac BCD. Goi [, M, N
1an luot 1a trung diém cua CD, IA, IB. Tt gidc G,G,NM la hinh gi?

b) Cho hinh chop S. ABCD c6 day la hinh binh hanh. Goi G 1a trong tdm cua tam giac SAD. N thudc
canh AB thoa min AB=3NA. Goi E 1a trung diém ctia AD, F 14 giao diém cta NE va BC. Tim
giao tuyén cua hai mat phang (EFS) va mat phiang (EGN)

..............................................................................................................
..............................................................................................................
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=/ HUONG DAN GIAI CHI TIET

THUC HIEN: BAN CHUYEN MON LOIGIAIHAY.COM

Phin tric nghiém (5 diém)

Caul: C Cau 2: A Cau 3: B Cau4: C Caus: C
Cau 6: A Cau7:B Cau 8: B Cau9: C Cau 10: D
Caul1:C Cau 12: D Cau 13: B Cau 14: C Céu 15: B
Cau 16: D Cau 17:C Cau 18: C Cau19: C Cau 20: A

Cau 1: Goc luong giac nao dudi ddy twong tng voi chuyén dong quay 2% vong theo chiéu kim

dong ho?

0
A 752 o 2y

C. Ca A va B déu dung D. Ca A va B déu sai.

Phwong phap

0
Mot vong quay cta kim dong ho ung véi 360 4o, 1° = % rad va 1lrad = (@j .
V4
Quy udc chidu quay nguoc v6i chiéu kim dong hd 1a chiéu dwong.
Loi giai
2% vong dudng tron ng véi: 2 % 360° =792° = 22?7[ rad

Do d6, goc giac twong g v4i chuyén dong quay 2% vong theo chiéu kim ddng hd 1a —792° hay
———vrad.

Pap an C

Céu 2: Cho goc « théaman 3cosa +2sina =2 va sina <0. Chon dap an ding:

A. sina+cosa=1.
13

. 7
B. sina+cosa=——.
13

) 8
C.sina+cosa=——.
13

) 8
D. sina+cosa=—.
13

Phwong phap
Str dung cong thirc: sin® o +cos” a =1
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Loi giai

Ta co: 3cosa+25ina:2<:>(3cosa+25ina)2 =4
< 9cos’ a+12cosa.sina +4sin” a =4
<:>9c032a+12cosa.sina+4(1—c052a)=4

< 5cos’ a+12cosa.sina =0

cosa =0

<:>cosa(5cosa+125ina)=0<:> ) .
5cosa+12sina =0

+) cosa =0 = sina =1:loai (vi sina <0).

. o . 5cosa+12sina =0 3 L
+) 5cosa+12sina =0, ta ¢6 hé phuong trinh . (thda man)
3cosa+2sina =2
cosa=—

A 7

Do d6, sina +cosa =—.
13

DPap an A
Céu 3: Cho g6c a théa man cos2a = —% .Tinh P= (1+3sir12 0:)(1—4cos2 a) .

A. P= 1 B. P= -1

2 2

C. P=-1 D. P=1
Phwong phap
Str dung cong thirc: cos® o = w ;sin® o = #
Loi giai
Taco: P= 1+3.ﬂ 1—4.M = §—§c052a (—1—2c052a)

2 2 2 2
Thay cos2a = 1 vao P, tadugc P = §+1 —1+% =-1
3 2 2 3

Pap an B
Cau 4: Chon dép 4an dung. ’

A. D0 thi ham s6 y =sinx nhén tryc tung lam truc do1 xung

B. D6 thi ham s6 y =sinx nhan tryc hoanh lam tryc ddi xtmg

C. D6 thi ham sd Yy =sinx nhan géc toa d6 1am tam doi xung

D. Ca A va C déu dung
Phuong phap )
+ D(} thi ham s@ chan nhér; truc tung lam truc déi xung.
+ D06 thi ham s6 1¢ nhan goc toa do lam tdm doi xung.
Loi giai , : , , ,
Ham s6 y =sinx 1a ham s6 1¢ nén d6 thi ham s6 y =sinx nhéin goc toa d¢ 1am tdm doi ximg.
Pap an C
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Cau 5: Goi M, m 1an luot 1a gid tri 16n nhét va gia tri nho nhat cia ham s6 y = 8sin” x +3cos2x.
Tinh P=2M +m.

A 11 B. 12
C. 13 D. 14

Phuong phap
Str dung kién thtrc: —1<sina <1
Loi giai

Tacd y=8sin® x+3cos2x =8sin’ x+3(1—25in2 x)=25ir12 x+3.

Ma —1<sinx<1=0<sin*x<1=3<2sin*x+3<5

M=5
:>3Sy£5:>{ =>P=2M+m=25+3=13.
m

Dap an C
Cfiu 6: S dung may tinh cAm tay dé giai phuong trinh 4tanx—9 =0 véi két qua 1a radian (1am tron
két qua dén hang phan tram) la:

A x=1,15+kx, keZ B. x~1,15+kx,keZ
C. Ca A va B déu ding D. Ca A va B déu sai
Phwong phap . i
Str dung may tinh cam tay dé tim nghiém cua phuong trinh
Loi giai

Taco: 4tanx—-9=0<tanx=2,25

Sau khi chuyén may tinh sang ché do “radian”. Bam lién tiep

SHIFT tan 2 X 2 5) =

Ta dugc két qua gan ding 1a 1,15.

Vay phuong trinh 4tanx—9=0 c6 ho nghiém 1a x~1,15+kz, keZ.

Pap an A

CAu 7: Gia sir mot vat dao dong diéu hoa xung quanh vi tri cin bang theo phuong trinh

X =6c0os (St - %J . O day, thoi gian t tinh bang gidy va quing duong x tinh bang centimét. Hiy cho

biét trong khoang thoi gian tir 0 dén 6 gidy, vt di qua vi tri can bang bao nhiéu 1an?

A. 10 B.9
C.13 D. 11
Phwong phap

Str dung kién thirc cosx=0<:>x=%+kzz(keZ)
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Loi giai
Vi tri can bang cua vat dao dong diéu hoa 1a vi tri vat ding yén, khi d6 x = 0, ta c6:

6cos| 56— % | =0 cos| 5t-Z |20 5t-F =T tkn kel ot="T k" keZ
6 6 6 2 15 5

Trong khoang thoi gian tir 0 dén 6 gidy, tic 1a 0<t<6 hay 0< i—;ﬂk% <6< —§ <k< 903_2”
V4

Vi keZ nén ke {0;1;2;3;4;5;6;7;8} .
Vay trong khoang thoi gian tir 0 dén 6 giy, vat di qua vi tri can bang 9 1an.
PapanB ) ) i
Céu 8: Day s0 co cac so hang cho boi —2;2;-2;2;-2;---. ¢6 s0 hang tong quat 1a cong thirc nao dudi
day?

A, =2(-1)". B. u,=2(-1)".

C.ou =-2 D.u =2
Phwong phap

Tim cong thic sb hang tong quat cua diy sb (un) : Tir cac sb da cho cia ddy sb, bién d6i sao cho cac
s6 hang c6 chung mét quy luét theo n, tir d6 tim dugc s6 hang tong quat u,

Loi giai

Tacs: u, =—2=2(-1) ju, =2=2.(-1) ;u,=-2=2(-1) ju, =2=2(-1) ;u, =-2=2(-1) ;.

Do d6, ta dy doan cong thirc sb hang téng quét ctia day so la: u = 2(—1)” .

Pap an B
A ~ X 1 1 1 C s
Cau 9: Cho day so (un) =—+—+...+— . Chon dép 4n dung.
14 47 7 n(n+3)
A. Diy s6 u_) bi chédn trén va khong bi chin duéi

(x,)

(u,) bi chin dudi va khong bi chin trén
C. Day s6 (u,) bi chin

(x,)

khong bi chan

n

Phwong phap
Day $6 (un) duoc goi la day s6 bi chan trén néu ton tai mot sé M sao cho u <MvneN*.

Day so (un) duoc goi 1a ddy s6 bi chan dudi néu ton tai mot s6 m sao cho u, >2mVneN*.
Day so (un) dugc goi 1a day so bi chan néu n6 vira bi chén trén vira bi chan dudi, nghia 1a ton tai cac

sO Mvamsaocho m<u <MVneN*.
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Léi gidi
Tac u >0Vn=1; 2; 3; 4; nén u_ bi chin dudi boi 0.

Ta co: (u):i+i . s, 3 . 3
14 47 7 n(n+3) 3014 47 n(n+3)

1 1 1 1 1 1 1 1
=—|[1l-——+——=+..+—— =—|1-
3( 4 4 7 n n+3j 3( n+3j

Tacs: 1-——<1-+ = Swnenr = 1[1- 1 |<Iynen+ Do do, daysé (,) bi chan trén,
n+3 4 4 30 n+3) 4

Vay day ) (un) bi chan.
Pbap an C

Céu 10: Cho day so —;0; 71 ; —1;_?3 . Chon khing dinh dung.

( 1
2’

~ A A N A A A s A A 3 1 N AA -
A. Day s0 trén la cap so cong c6 so hang dau la > va cong sai —

~ A A N A A A r A A \ ]- N\ A A
B. Day s0 trén la cap s6 nhan c6 s6 hang dau la > va cong boi —

~ A A N A A A r A A \ ]- N A A 1
C. Day s0 trén la cap s6 nhan c6 so hang dau la > va cong boi >

~ A A N A A A LA A \ 1 N A - 1
D. Day s0 trén la cap so cdng c6 so hang dau la > va cong sai >

Phwong phap

Cap s6 cong 1a mot diy so, trong d6 ké tir s6 hang thir hai, mdi s6 hang déu bing tong ctia s6 hang
dimg ngay trude n6 voi mot so khong doi d, tc la: u =u, _ +d véi n=>2

Loi giai
Nhén thiy cac s6 hang cta day s trén, ké tir s6 hang thtr hai trd di, mdi s6 hang déu bang sb hang
-1

1 1 = _ . . 1
ding ngay trude né cong voi ) nén day so 5 ;0; > ; —1;73 la cap so cdng co6 c6 so hang dau la >
<A .1
va cong sai —— .
2

Pap an D
CAu 11: Mit san tang 1 (tang trét) ctia mot ngdi nha cao hon mat san 0,6m. Cau thang di tir ting mot
1€n tang hai gobm 25 bac, moi bac cao 15cm. BJ cao cuia mat san tang hai so voi mat san la:

A.4,25m B. 4,2m
C.4,35m D. 4,3m
Phwong phap

Cho cép sb cong (un) ¢6 s6 hang dau u, va cong sai d thi s6 hang tong quat duoc xac dinh theo

cong thirc u, =u, +(n—1)d
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Loi giai

Go1 dd cao cua béc thirn so véi mat san la u_ .

Mbi bac cao 0,15m, san tﬁng 1 cao hon mit san 0,6m nén bac diu tién cao hon mit san:
0,6+0,15=0,75(m) hay u, =0,75

Tir cac bac sau, bac sau cao hon bac trude 0,15m nén dd cao so voi mat s@n cua hai bac lién tiép cﬁl}g
hon kém nhau 0,15m. Do d6, dd cao tir cac bac so voi mat san, tir bac 1 dén bac 25 tao thanh mdt cap
s6 cong v6i u, =0,75 vacong sai d=0,15. Khi d6, ta c6: u, =0,75+(n—1)0,15=0,6+n.0,15

Chiéu cao cia mat san tﬁng hai so v61 mat san la: n,, =0,6+25.0,15=4, 35(m)

Vay chiéu cao ciia mit san téng hai so vo1 mat san la 4,35m

bap an C

Cau 12: Ngudi ta trong 3003 cdy theo dang mot hinh tam giac nhu sau: hang thir nhat trong 1 cay,
hang thtr hai trong 2 cay, hang thir 3 trong 3 cdy, ..., ¢t tiép tuc trong nhu thé cho dén khi hét s cay.
S6 hang cay trong dugc la:

A. 79 hang B. 78 hang
C. 80 hang D. 77 hang
Phwong phap

Cho cap so cong (un) 6 s0 hang dau u, vacongsaid. Dat S =u +u, +u, +...+u, .

(u1 +un)n _ [Zul +(n—1)d]n
2 2

Khi do: S, =
Loi gidi
Goi s0 cAy ¢ hang tharnla u . Taco: u, =1,u, =2,u, =3,.., Va S=u, +u, +u, +...+u, =3003

Nhan thay diy s6 (un) 1a cép s6 cong c6 s6 hang dau u, =1, congsai d=1.

Do do, S, = 2 (1)) =3003 < [244(n-1)1] =3003
(n=77

& n(n+1)=6006 < n* +1n-6006=0 < S n=77
| n=-78(L)

Vay s hang cay trong dugc 1a 77 hang.
Pap an D

Cau 13: X¢ét diy sd gom tat ca cac sb tu nhién 13 wdc ctia 10. Chon khang dinh dung
A. Diy s6 trén 1a day s6 hitu han gom 8 sb hang
B. Diy s trén 1a diy s hitu han gom 4 s6 hang
C. Diy s6 trén la day s6 hitu han gom 5 sb hang
D. Diy s6 trén 1a ddy sb vo han
Phwong phap
Ham s6 u xac dinh trén tap hop M = {1; 2;3;..,; m} thi dugc goi 1a mot day s6 hitu han.
Loi giai
Day ) g6m tAt ca cac sd tu nhién 1a udc cua 1014 1; 2; 5; 10. Do do, day s6 trén 1a day s6 hitu han
gdm 4 s6 hang.
Pap an B
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Cau 14: Hinh v& dudi day 1a hinh gi?

5
4 C
B
A. Hinh chdp tam giac B. Hinh tir dién
C. Ca A va B déu dung D. Ca A va B déu sai
Phwong phap

+ Cho da gidc 16i A A A,....A, ndm trong mit phing (&) va diém S khong thudc (). N6i S véi
cacdinh A; A ; A;;..; A tadugentam gidc SA A,;SA,A;;..;SA A, . Hinh dugc tao boi n tam
giac do va da giac A A, A,....A duogc goi la hinh chop, ki hiéula S.A A A,... A .

+ Cho bbn diém A, B, C, D khong dong phang. Hinh tao boi bén tam giac ABC, ACD, ADB, BCD
dugc goi 1a hinh tr dién (hay tir dién), ki hi¢u ABCD.

Loi giai

Hinh v€ trén 18 hinh chop tam giac, hinh t&r dién.

Dap an C o . i i

Cau 15: Cho bon diém A, B, C, D cung nam trong mot mat phang va khong c6 3 diém nao khong
thang hang. Biém S kl}()ng thudc mat phang chira 4 diem A, B, C, D. C6 tat ca bao nhiéu mat phang
duoc tao thanh tir 5 diém trén?

A. 6 mat phang B. 7 mit phing
C. 3 mit phang D. 4 mit phang
Phwong phép

Mot mat phfmg duoc x4c dinh néu biét n6 chira ba diém khong théng hang.
Loi gidi

Céc mit phang duoc tao thanh la: (SAB), (SAC), (SAD), (SBC),
(ABCD), (SBD), (SCD). Vay c6 7 mit phang dugc tao thanh.
Pap an B

Cau 16: Cho hinh chép S. ABCD c6 day 1 hinh thang, day 16n AD. Goi I 1a trung diém cua SB.
Giao diém cua Al va miat phing (SCD) la:

A. Piém M 1a giao diém cua Al va SC

B. Biém M 1a giao diém ciia Al va SD

C. Piém M la giao diém cua Al va SO, v6i O 1a giao diém ctua AC va BD.

D. Diém M 1 giao diém cua Al va SO, véi O 1a giao diém ciia AB va CD.

Truy cdp https://loigicihay.com/ dé xem I8i gidi SGK, SBT, VBT tif1dp 1 - 16p 12 tét cé cac mén




LOigiaihGy.com

Phwong phap

Céch tim giao diém cua dudng thang d va mit phang (a) :

Truong hop 1: (a) chtra duong thing d’ va d’ cit dudng thang d tai L.
Khi do, [=dnd'=I=dn(a)

Truong hop 2: (a) khong chira duong thang nao ct d.

+ Tim mat phang (,B) chira d va (a)m(ﬂ) =d'

+Tim I=dnd'. Khido, [ =dn(a)

Loi giai

Trong mat phang (ABCD), goi O la giao diém cua AB va CD. Do
do, O thudc ca hai mat phang (SAB) va mat phéngq(SCD)

Lai co, S thudc ca hai mét phang (SAB) va mat phang (SCD).

Do d6, SO la giao tuyén cua hai mit phang (SAB) va (SCD)
Trong mit phang (SOA), goi M 14 giao diém ctia Al va SO. Vi M
thudc SO nén M thudc mat phang (SCD) va M thudc Al nén M la
giao diém cua Al va mit phiang (SCD).

Pap an D

Cau 17: Cho hinh chép S. ABCD c6 day ABCD 1a hinh thang. Trong céc cap duong thang sau, cap
duong thang nao khong cat nhau?

A.SAvaAC B. ABvaBC
C.SBvaDA D. ACvaDB
Phwong phap

Néu hai duong thang ciing nam trong mot mit phang va c6 mot diém chung duy nhét thi hai duong
thang d6 cat nhau.

Loi gidi

Hai duong thang SB va DA khong cung nam trong mit phang nao
nén hai duong thang nay khong cat nhau.

Céc cap dudng thang con lai déu ciing ndm trong mot mat phang va
c6 mot diém chung duy nhét nén cac cip duong thing do cit nhau.
Pap an C A D

8 c

Cau 18: Cho tir dién ABCD. Trén cac canh AB va AC lan luot 1y cac diém M va N sao cho

AM = MN . Giao tuyén cta hai mit phang (DBC) va (DMN) la:

AB  BC
A. Pudng thiang qua D song song véi MN B. Puong thiang qua D song song v6i BC
C.Ca A, B déu ding D. Ca A, B déu sai
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Phuong phap

Néu hai mit phang phan biét 1an luot di qua hai dudng thang song song thi giao tuyen cua ching
(néu c6) song song v4i hai dudng thang d6 hodc trung vi mot trong hai dudng thang do.

Loi gidi

A
Tam giac ABC co: AM A};I—g] nén MN//BC.

AB
Vi mat phing (DMN) di qua duong thang MN, mat phang (DBC) di qua duong
thang BC va D la diém chung cua hai mat phang (DBC) va mét phang (DMN).

Do d6, giao tuyén cua hai mit phang (DBC) va (DMN) la duong thang qua D
song song voi MN va BC. B i D

Pap an C

Cau 19: Cho hinh chop S. ABCD ¢6 ABCD & hinh binh hanh. Goi M, N, P, Q lan luot Ia trung diém
cua cac canh SA, SB, SC, SD. Trong cac duong thang, AB, BC, CD, DA, PQ, c6 bao nhiéu duong

thing song song v4i MN?
Al B.2
C.3 D.4
Phuong phap
Néu hai duong thing phan biét cung song song véi mot dudng thing tht ba thi song song voi nhau.
Loi gidi
ViM, N lan luot 14 trung diém cua SA, SB nén MN 1a .

duong trung binh cua tam gidc SAB. Do do, MN//AB.
Vi ABCD Ila hinh binh hanh nén AB//CD.

Do do, MN//AB//CD. q (] \ "
Vi P, Q lan luot 1a trung diém cua SC, SD nén PQ 1a dudng P i S A
trung binh cta tam gidc SCD. Do d6, PQ//DC. N P
Suy ra: MN//AB//CDIIPQ \
Vay trong cac dudong théng AB, BC, CD, DA, PQ, c6 3
duong thang song song véi MN.

Pap 4an C

. -
B C

Cau 20: Dé tiét kiém nang luong, mot cong ty dién lyc dé xuat ban dién sinh hoat cho dan theo hinh
thirc liiy tién (bac thang) nhu sau: Mdi bac gdom 10 s; bac 1 tir s6 thir 1 dén sb thir 10, bac 2 tir s6
thir 11 dén sb thir 20, bac 3 tir s6 thir 21 dén s6 thir 30; ... Bac 1 co gia 1a 600 dong/1 sb, gia ciia mdi
sO & bac thir n+1 ting so v4i gia cia bac tha n 1a 2,5% . Gia dinh 6ng A sir dung hét 345 s trong
thang 1. Hoi thang 1 6ng A phai dong bao nhiéu tién? (lam tron két qua dén hang phan tram, don vi

1a dong) ‘ ‘
A. 322 623,28 dong B. 320 622,28 dong
C. 321 621,28 ddng D. 324 620,28 ddng
Phwong phap

Cép sb nhan (un) ¢6 s6 hang dau 1a u, va cong boi q thi s6 hang téng quat u, cuano6 dugc xac dinh
béi cong thirc u, =u,.q"" véi n>2

Cép sb nhan (un) ¢6 s6 hang dau 1a u, vacong boi q khac 0. bat S =u, +u, +...+u . Khi do:

Uy (1 -q" )

S =u +u,+..+u =
1-q
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Loi giai
Goi u, 1a s6 tién phai tra cho 10 s6 dién dau tién, khi d6, u, =600.10=6 000 (dong).
1, 12 s6 tién phai tra cho céc s6 dién tir 11 dén 20: u, =u, (1+0,025) (dong)

1, 12 56 tién phai tra cho cac s6 dién tir 21 dén 30: u, =u, (1+0,025) =1, (1+0,025)" (déng)

1, 1a 6 tién phai tra cho cac s dién tir 331 dén 340: u,, =u, (1+0,025)" (ddng)

1-(1+0,025)"

~315677,31 (don
' 1-(1+0,025) (done)

S tién phai tra cho 340 s6 dién dau tién la: S =u

S tién phai tra cho céc sO dién tir 341 dén 345 1a: S, =5.600(1+0, 025)34 ~6945,97 (dong)
Vay thang 1 gia dinh 6ng A phai tra s6 tién 1a: 315 677,31+6 945,97 =322 623,28 (ddng)
Pap an A

Phan tu luijn?(S diém)

Bai 1. (1,5 diém)

1) Giai cac phuong trinh sau:

a) 8sin’x—-1=0

b) sin4x+cos5x =0

2) Li d6 s(cm) cua mot con lic dong hd theo thoi glan t (gidy) cho boi ham s s= 2coszt . Dya vao
d6 thi ctia ham s cosin, hiy xac dinh cac thoi diém t trong 1 gidy dau tién thi li d6 s nam trong doan

[-1;1](cm).
2018 2018

3) Cho phuong trinh sin®'® x + cos 2(sm2020 x+cos™™ x). Tinh tong cac nghiém cia phuong

2020 )

trinh trong khoang (O; 2020)

Phuong phap
1) a) Xét phuong trinh sinx =m
* Néu ‘m‘ >1 thi phuong trinh v nghiém.

* Néu |m| <1 thi phuong trinh c6 nghiém: x=a+k2z,keZ va x=n—-a+k2z,keZ,véi a la
. . T T i
goc thude [—E,E} sao cho sina =m
b) + Xét phuong trinh cosx =m
* Néu |m| >1 thi phuong trinh v6 nghiém.
* Néu |m|<1 thi phuong trinh c6 nghi¢m: x =a +k27,keZ va x=—a+k2x,k e Z, véi a lagoc
thudc [O;ﬂ] sao cho cosa =m
2) Str dung kién thirc ~1<sinx<1

3) cosa = O<:>a——+k7r(keZ) tanx=tl< x= +k7r(keZ)
2 4
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Loi giai
1V 1 - x=21kon
1)a) 8sin’x-1=0<sinx=| = | ©sinx== < sinx=sin— < (keZ)
2 2 6 V4
X=nr——+k2x
6
x=" 1k
o 6 (kez)
St
x:?+k27r

Vay phuong trinh da cho c6 ho nghiém la x = % +k27m;x = 5?” + k27r(k € Z)

b) sin4x+cos5x =0 < cos5x =—sin4x < cosbx = cos(4x+%j

Bx =dx++k2rx x="vkox
= keZ)<s keZ
/4 ( < ) V4 k27r( © )
Sx=—|4x+= |+k2x X=—— =
2 18 9
Vay phuong trinh da cho c6 ho nghiém la x = % +k27m; x = —% +k27”(k € Z)

2) Tacé: se[—l;l] nén —1£2cos;rt£1<:>_7lﬁc057rtS%

Trong 1 gidy dau tién: 0<t<1=0<7zt<7x
Do thi ham s6 y=cosx trén [0; 71':' :
y

Duavéodéthitathéy: iSCOSEtSlQZSﬁtSZ—EQlStSE
2 2 3 3 3 3

12
Vay te|—;—|.
el 32

2018 2020

3) sin®® x+cos®® x =2 (sin x +cos™™ x) < sin®™® x(l —2sin’ x) +cos™® x (1 —2cos’ x) =0

2018 2018 cos2x =0

< sin”  xcos2x—cos”  xcos2x =0
sinZOlS x = COSZOlB x

+ c052x=0<:>2x:%+k7z(keZ)©x=%+k§(keZ)(1)

) T N A .
+ sin®™® x =cos™™ x <> tan®® x=1 (do x = 7t k khong 1a nghiém ctia phuong trinh)
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<:>tanx=i1<:>x=i%+k7r(keZ) )

Tu (1) va (2) ta co: x:%+k77r(keZ) la nghiém ctia phuong trinh da cho.
Do xe(0;2020) nén 0<Z+ 7 <2000 <k <BB0°T \p k1 56 nguyen nen
4 2 2 2z

ke{0;1;2;...,1285}
Viy téng cac nghiém cua x thudc khoang (O; 2020) la:

1286. Z+(1+2+ +1285)72[ 64;” p 1281286 413449,

4

Bai 2. (1,5 diém)

a) Cho cap sd cong (un) cO u, +2u;, =0 va S, =14. Tinh s6 hang dau u, vacong said cta cip sb
cong.

b) Cho diy sé (un) c6 s6 hang téng quat 1a u, = 2(3”) v6i ne N, Tim cong thie truy hoi cua diy
s6 trén?

Phuong phap

a) Néu mot cap s cong (un) ¢6 s6 hang dau u, va cong sai d thi sd hang tong quat u, cuand dugc

xac dinh boi cong thire: u, =u, + (n - 1)d,n =2

u, +u Jn | 2u,+(n-1)d n
biat S, =u, +u, +u, +...+u, . Khi d6: Sn:( ! 2") z[ ! (2 ) J
b) Cong thirc truy hoi 1a hé thirc biéu thi s6 hang thi n ctia diy sé qua s6 hang (hay vai s6 hang)

dang trudce no.

Loi giai

a) Ta co: u, +2u, =0 <> u, +2(u, +4d)=0< 3u, +8d=0;
42u, +3d

S, =14 X2 1y oy i3d=7

o . Bu, +8d=0 u, =8
Ta c6 hé phuong trinh

=
2u,+3d=7  |d=-3
b) Taco: u, =2.3' =6,u, =2.3> =18 = 3u, ,u, =2.3° =54 = 3u,,u, = 2.3' =162 =3u,

=6
=3u

Do d6, cong thire truy hoi cia day s trén 1a: { ! (n eN *)

n>1

nl’

Bai 3. (1,0 diém) Cho t&r dién SABC. Trén SA, SB va SC lan luot 1ay cac diém D, E, F sao cho DE
cit AB tai I, EF cit BC taiJ, FD cat CA tai K. Ching minh ba diém LI,K théng hang.

Phuong phap

Néu hai mat phén biét (P) va (Q) co diém chung thi ching c6 mét duong thang chung duy nhét d
chtra tit ca cac diém chung ctia hai mat phiang d6. Pudng thang d d6 goi 1a giao tuyén ctia hai mat

phang (P) va (Q), ki hiéu d —( ) (Q)
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Léi gidi

Trong mit phang (SAB), 1 1 giao diém cta DE va AB.
Taco: I e DE < (DEF),I e AB<=(ABC)

Li luén tuong tu ta co J, K déu thudc hai mat phéng (ABC)
va mat phang (DEF).

Do d6, 3 diém 1, J, K déu thudc giao tuyén cua hai mat
phing (ABC) va mit phang (DEF).

Do d6, 3 diém I, J, K thang hang.

Bai 4. (1,0 diém)

a) Cho tr dien ABCD c6 G,,G, lan luot 1a trong tdm tam giac ACD va tam giac BCD. Goi [, M, N
lan luot 1a trung diém cta CD, IA, IB. Tt gidc G,G,NM la hinh gi?

b) Cho hinh chép S. ABCD c6 day 1a hinh binh hanh. Goi G la trong tdm cta tam giac SAD. N thude
canh AB thoa médn AB=3NA. Goi E la trung diém cua AD, F la giao diém cua NE va BC. Tim
giao tuyén cua hai mat phang (EFS) va mat phiang (EGN)

Phuong phap \ q :

N&u hai mat phang phéan biét lan luot di qua hai duong thang song song thi giao tuyén cta ching
(néu c06) song song voi hai duong thang d6 hodc trung véi mot trong hai duong thang do.

Loi gidi

IG A

a) Vi G, la trong tam tam gidc ADC nén I_Al =3

| =

- . IG
Vi G, la trong tm tam gidc BDC nén I_Bz _L

16, 1 ven 6,6, 11mB
B IA

ViM, N lan luot 1a trung diém cua IA, IB nén MN//AB.
Do d6, MN//G,G, . Vay ti giac G,G,NM I hinh thang. !

Do doé,

b) Vi G la trong tdm cua tam giac SAD nén % =

W/

Lai c¢6: DE//CF nén Ezﬁzlzﬁz 1
NF NB 2 EF 3
Tam giac SEF cé: LG = NE nén GN//SF (dinh ly Thales <
ES EF
dao).
Vi mit phing (ENG) chira NG, mit phang (SEF) di qua SF, | ¥ ’
va E 1a diém chung cta hai mit phing (ENG) va (SEF). Do
d6, giao tuyén cua hai mit phang (EFS) va mat phang (EGN)
1a duong thang qua E va song song voi GN, SF.
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