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Cau 1: Chon dap an dang (v6i gia thiét cac biéu thirc déu c6 nghia).

tana+tanb

1-tanatanb
tana—tanb

l1-tanatanb’
tana+tanb

1+tanatanb
tana+tanb

tanatanb—1"

A. tan(a+b)=
B. tan(a+b)=
C. tan(a+b)=

D. tan(a+b)=

Phuong phap

A na+tan

Sur dung cong thuc: tan(a+b) _ tana+tanb .

l-tanatanb

Loi gii

. tana+tanb

Taco: tan(a+b)=————
l-tanatanb

Pap an A.

Céu 2: Chon cau ding

A. Ham sb y =cotx 1a ham s6 1¢ va tuan hoan véi chu ki 2.

B. Ham sé y =cotx 1a ham sé I va tuan hoan véi chu ki «.

C. Hamsé y=cotx la ham s6 chin va tuan hoan vai chu ki 2.

D. Ham s6 y =cotx 1a ham sé chin va tuan hoan véi chu ki .

Phwong phap

Str dung kién thirc vé ham sé y = cot x : Ham s y = cot x 1a ham sé Ié va tuan hoan vai chu ki .

Loi giai
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Ham sé y = cotx 12 ham sb 1& va tuin hoan véi chu ki =.
Dap an B.
Céu 3: Khi biéu dién trén duong tron luong giac, goc lugng giac nao trong cac goc lugng giac dudi day cod

| - A Xe - A A Lr oo -z ;K /I
cung diém cudl, cung diém dau véi goe lugng giac co so6 do i

AZikZ(kez).
4" "2

B. %+kn(keZ).
C. §+ k2n(keZ).

D. %+ k3n(keZ).

Phwong phap
Str dung kién thirc: Cho hai gdc lugng giac (Ou, Ov), (0’w’, O’v’) ¢ tia dau tring nhau, tia cudi ciing nhau

néu: (Ou,0v)=(O'w,0’v’)+k2m véi k 1a s6 nguyén.

Lo giai

Goc luong giac ¢ cung diém cubi, cung diém dau véi goc luong giac co sb do % la: g+ k2n(keZ)
Pap an C.

CAu 4: Néu sina>0,cosa <0 thi a thudc goc phan tu nao?

A. (D).

B. (I1).

C. ().

D. (IV).

Phuong phap

Str dung kién thirc vé dau cua gia tri luong giac: Néu sina > 0,coso <0 thi o thudc goc phan tu thir (11).
Lo giai

Néu sina>0,coso <0 thi a thugc goc phan tu thi (11).

Pap an B.

Céu 5: Chon dap an dung:

A. sin(o+ k27r) =sin oc(k € Z) .

(

B. sin(a+k2n)=—-sina(keZ).
C. Sin(oc+k2n) COS(x(keZ).
)

D. sin(a+k2n)=—cosa(keZ).

Phwong phap
Sir kién thirc gia tri luong giac cua goc lugng giac: sin (o +k2n)=sino(k e Z)
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o Leigiai

sin(a+k2m)=sina(keZ)

Pap an A.

Cau 6: Cap sb cong (u, ) véi cong sai d dugc cho bai hé thic:

A u,=u,,+2d voi n>2.

B.u =2u_.d véin>2.

n n+l
C.u,=u,,dvsin>2.
D.u,=u,,+d véi n>2.
Phwong phap

Sir dung kién thtc vé cap s6 cong: Cap s6 cong (U, ) véi cong sai d dugc cho béi hé thirc truy hoi

u,=u,,+d véin>2.

Loi giai

Cap sb cong (u, ) Vvéi cong sai d dugc cho bsi hé thic truy hdi u, =u,_, +d véi n>2.

Dap an D.

Cau 7: Day s6 (u, ) gom cac so khac 0 théa man ti s6 —— khong doi thi day so6 (u,,) la:
n-1

A. Cép sb cong.

B. Cap s6 nhan.

C. Ca A va B déu ding.
D. Ca A va B déu sai.
Phwong phap

, - £ f A e . A A 1A x K X L s , x4 4 U A
Str dung kién thirc vé chirng minh cap s6 nhén: D&y so (un) gom cac so khac 0 thoa mén ti so0 —— khong
un—l

doi thi day sé (u,) la cap s6 nhan.

Loi giai

Day s6 (u,) gom cac s khac 0 théa man ti so uu—” khong déi thi ddy s6 (u,) 1a cip sé nhan.
Pap an B. "

Cau 8: Cho ddy s6 (u,) véi u, =2020". Tinh u,,,.

A. u_, =2020" +2020.

B. u_, =2020"".

C. u,, =2020"+1.

D. u,,, =2020(n+1).
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‘Pilub’lig phap y ¢

Str dung kién thirc s6 hang téng quat caa day so.
L oi giai

Taco: u,,, =2020""

Dap an B.

Cau 9: lim u, =a khi va chi khi:

nN—+w

A. lim (u,—a)=0.

n—+oo

B. lim (u,+a)=0.

n—-+oo

C. lim(u,a)=0.

N—+o0

D. lim (u,—a)=1.

Phwong phap

Sir dung quy tic vé gi¢i han ddy s6: lim u, =a khi va chikhi lim (u, —a)=0.
Lai giai

lim u, =a khi vachi khi lim (u,-a)=0.

Pap an A.

Cau 10: Cho ham s6 y = (x) lién tuc trén doan [a;b]. Ménh dé nao ding?

A.Néu f(a).f(b)>0 thi phuong trinh f(x)=0 khdng c6 nghiém trong (a;b).

B. Néu f(a).f(b) <0 thi phwong trinh f(x) =0 c6 it nhit mot nghiém trong (a;b).

C.Néu f(a).f(b)>0 thi phuong trinh f(x)=0 c6 it nhat mot nghiém trong (a;b).

D.Ca A, B, C déu sai.

Phuong phap

Sir dung kién thirc ham s6 lién tuc: Cho ham s6 y =f () lién tuc trén doan [a;b]. Néu f(a).f(b) <O thi
phuong trinh f(x)=0 c6 it nhat mot nghiém trong (a;b).

Loi giai

Cho ham s6 y = (x) lién tuc trén doan [a;b]. Néu f(a).f (b) <0 thi phuong trinh f(x)=0 ¢4 it nhat mot
nghiém trong (a;b).

Pap an B.

Cau 11: Cho ham s f(x) c¢6 db thi nhu hinh v& dudi:

y

1 2

|
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© Ham s f(x) khong lién tyc tai:
A x=2.

B. x=1.

C. x=0

D. x=-1.

Phwong phap

Str dung kién thirc vé ham s lién tuc.

Loi giai

Tai x =2 thi ham s6 khdng lién tyc.

Dap an A.

Cau 12: Néu lim u, =a, lim v, = —oo thi:

nN—+ow n—+w

. u
A. lim 2t =—x.

nN—+o V
n

. u
B. lim —~ =+4w.

N—+o0 \/
n

C. lim Y —p.

n—-+0 \/
n

.u
D. lim 2 =a.

n—+0 \/
n

Phuong phap

Str dung quy tac tinh gigi han cua day so: Neu lim u, =a, lim v, =—oo thi lim —+=0.

n—>+o0 N—+o0 n—>+0 \/
n
Lot gidi

o . N
Neu limu, =a, lim v, =-oo thi lim —L=0

n—+o n—-+o0 nN—+o0 Vn
Pip 4n C.
Cau 13: Cho hinh chép S. ABCD ¢6 O 1a giao diém ciia AC va BD. Goi M, | lan lugt 1a trung diém cua BD,
SD. Piém nao duéi day thuoc mat phang (SOC)?
A. biém A.
B. biém B.
C. biém I.
D. Piém M.
Phwong phap
Str dung kién thirc vé diém thudc mat phang.
Loi giai
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Vi diém A e OC nén diém A thudc mit phiang (SOC).

Pap an A.

Céu 14: Chon dap an sai.

A. Trong khong gian, c6 ba dudng thang phan biét cung di qua hai diém phan biét cho trudc.

B. Ton tai bon diém khong cuing thuoc mot mit phang.

C. C6 duy nhit mét mit phing di qua ba diém khdng thing hang.

D. Néu mot duong thing di qua hai diém phan biét thugc mot mat phang thi moi diém cua duong thiang déu
thugc mit phang do.

Phwong phap

Str dung kién thirc vé duong thang va mat phang trong khong gian.

Lo gii

Trong khong gian, chi c6 mot duong thang phan biét di qua hai diém phan biét cho trudc nén dap an A sai.
Dap an A.

Cau 15: Véi diéu kién nao dudi dy thi duong thang d song song véi mat phang (P)?

A alld, ac(P).

B. d//a, all(P).

C.dn(P)=0.

D.dlfa, an(P)=9.

Phwong phap

Str dung kién thirc vé duong thang song song voi mat phang:

+ Néu d va (P) khong c6 diém chung thi ta né d song song véi (P).

+ Néu duong thiang a khéng nam trong mat phang (P) va song song voi mot duong thang nam trong mat
phing (P) thi a song song vai (P).

Lo giai

Dép 4n dung: dN(P)=¢

Dap an C.

Cau 16: Néu duong thang d va mit phang (P) c6 ... diém chung thi d cat mat phang (P).
Tir (cum tir) thich hop dién vao “...” dé dugc cau dang la:

A. duy nhat mot.

B. hai.

C. khéng.

D. v6 s6.

Phwong phap

Str dung kién thirc vé duong thang va mit phang trong khong gian: Néu duong thang d va mat phang (P) ¢6
duy nhat mot diém chung thi d cat mat phang (P).
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Lo giai
Néu duong thang d va mit phing (P) ¢ duy nhat mot diém chung thi d cat mat phang (P).
Dap an A.

Céu 17: Hinh chop S. ABCD c6 bao nhiéu dinh?

A. 7.

B. 5.

C.6.

D. 8.

Phwong phap

Str dung kién thirc vé hinh chop tir giac: Hinh chop S. ABCD ¢6 5 dinh 1a S, A, B, C, D.
Lo giai

Hinh chép S. ABCD c6 5dinh la S, A, B, C, D.

Pap an B.

Cau 18: Cho duong thang a song song voi mat phang (P). Mt phang (Q) chira a va cat mit phang (P) theo
giao tuyén b. Két luan nao sau day dang?

A. ava b cit nhau.

B. ava b trung nhau.

C. avab chéo nhau.

D. ava b song song.

Phwong phap

Str dung kién thirc vé duong thang song song vai mat phang: Cho dudng thang a song song véi mat phang
(P). Mt phang (Q) chira a va cit mat phing (P) theo giao tuyén b thi b song song véi a.

Loi giai

Cho dudng thang a song song véi mat phang (P). Mt phang (Q) chira a va cat mat phang (P) theo giao
tuyén b thi b song song véi a.

Dap an D.

Cau 19: Cho tana =2 va g <a<n. Chon dap 4n ding.

A. coso.= /5.
B. COSOL=£.
5
C. c05a:£.
5
D. cosa.=+/5.
Phwong phap

Su dung cong thae: 1+tan® o =———.
cos® o

Loi giai

~ TU n
Vi E<oc<n nén cosa <0.

Ta co: Lt = —J1+tan’a = —/5 = cosa = g

cosa
Pap an C.
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Cau 20: RAt gon bidu thirc A = sin X +sin 2x +sin 3x
COS X + COS 2X + C0S 3X

A. A=cot2x.
B. A=tan2x.
C. A=sin2x.
D. A=cos2x.
Phwong phap
, . . . . a+b __a-b a+b _a-b
Str dung cong thuc: sma+smb:23|nTcosT;cosa+cosb:ZcosTcosT;
Loi giai
sinX+sin2x+sin3x _ 2sin2xcosx +sin2x _ sin2x(2cosx +1)

A= - _
COSX +COS2X+COS3X  2C0S2XCOSX+C0S2X  C0S2X (2C0SX +1)

=tan 2Xx

Dap an B.

Céau 21: Gia tri cia biéu thuc sin317—27t bang:

A. ‘/6_‘/5.
4

5 N6+2

. PR

J6++2

C. :
4

b, V6+V2.
4

Phuong phap

Sir dung kién cong thuc: sin(a—b)=sinacosb—cosasinb

Léi giai

.3771.( n)( th . .(nnj
Sin——=sin| 2n+n+— [=Sin| T+— |=—-SiIN—=-Sin| ———
12 12 12 12 3 4
j__(ﬁ V2 1 JE]_— 6+2

. T T mnT . T
=—| SIN—C0S——CO0S—SIN— - -
3 4 4

4 2 2 2 2
Pap an D.

Cau 22: Cho cap s6 cong (u,) co u, =2024 va u, =u, , —3 véi =2, neN*. Sb hang téng quat cua cap
sb cong da cho la:

A. u,=-3n-2027 v6i n>2, neN*,

B. u,=-3n+2027 v6i n>2, neN™*.

C.u =3n+2027 véi n>2, neN*.

D. u, =3n+2027 véi n>2, neN*.

Phwong phap

Sir dung kién thic vé cdng thic s hang tong quat cua cap s cong: Cho cap sé cong (U, ) c6 sb hang dau u,

va cong sai d thi s6 hang tong quat u, cua no duge x4c dinh theo cong thac: u, =u, +(n-1)d.
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. Loigisi

Taco: u;=2024 vau,=u,,-3véin>2, neN*nénd=u,-u,,=(u,,—3)-u,, =-3

Vay s6 hang téng quét caa cap s cong la: u, =u, +(n-1)d =2024+(n-1)(-3)=-3n+2027 véi n>2,
neN*.

Pap an B.

CAu 23: Theo udéc tinh, ké tir ldc m&i mua, ctr sau mdi 200 1an sac thi pin caa dién thoai X s& giam 4% so véi
chu ky 200 Ian sac trudc d6. Hoi sau 1 200 lan sac thi pin cua dién thoai X con lai bao nhiéu phan trim so vi
ldc m&i mua? (1am tron dén chir s thap phan thir hai)

A. 78,28%.

B. 78,27%.

C. 81,54%.

D. 81,53%.

Phwong phap

Sir dung kién thiec vé cdng thiee sb hang tong quat ctia cap s6 nhan: Cho cap sé nhan (u, ) c6 s6 hang dau
u, va cong boi g thi s6 hang tong quat u, caa né duge xac dinh theo cong thuc: u, =u,.q"* véi n>2.
Loi giai

Dung lugng pin sau mdi 200 1an sac ké tir lGc méi mua dén 1ap thanh cap s nhan c6 cong boi q=0,96 va
s6 hang dau u, =100%

Dung luong pin cua dién thoai con lai sau 1200 lan sac so vai lic méi mua Ia:

u, =u,.q° =100%.(0,96)° ~ 78,28%

Dap an A.

Cau 24: Cho day sb (u,) véi u, =25n>+10n+9. Chon khang dinh ding:

A. Day sb trén bj chin dudi.

B. Dy sé trén bi chan trén.

C. Day sb trén khdng bi chan.

D. Day s trén bi chan.

Phuong phap

Str dung kién thirc vé day sé bi chan:

D&y s6 (u,) dugc goi la bi chdn trén néu ton tai mot s6 M sao cho u, <M véi moi ne N*
D&y s (u,) duoc goi la bi chan dudi néu ton tai mot sé m sao cho u, >m véi moi ne N*
D&y s (u,) duoc goi 1a bi chan néu nd vira bi chan trén vira bi chan dusi.

Loi gidi

Taco: u, =25n" +10n+9=(25n> +10n +1)+8=(5n+1)" +8>8 véi moi n e N*.

Do d6, day sb (u,) bi chan dudi, khong bi chan trén.

Pap an A.

~ < Je p . n2 -2

Cau 25: Tim so thyuc a khac 0 sao cho lim —;

n—>+o gn° —1

=2
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A.
B. a
C.a=2.
D. a:i.
2
Phwong phap
Str dung kién thirc gigi han day s6: Néu limu_, =a, limv, =b =0 thi lim i:%.
n—+w n—+o0 n—+0 Vn
Loi gii
n> 2
2 n2£2_2j -2
... h°=2 . n° n . n?
Taco: lim —— = lim = lim ==
no+o gn —1 no+w ) an? 1 n»+ooa_i a
n ?—F n2
Do do, 1:2:>a=1(tm)
a 2
Pap an D.
Cau 26: Gidi han lim (\/n2 —18n —n) bang:
A.9.
B. -9.
C. 18.
D. +w.
Phwong phap

Str dung quy tac vé gidi han cua ddy s6: Néu limu, =a, lim v, =b =0 thi lim i:%.

nN—+oo nN—+oo nN—>-+o0 V
n

Loi giai

(\/n2—18n —n)(\/n2—18n +n) _18n
lim (\/n2 —18n —n)= lim =lim ——
N>+ N>+ Jn?-18n +n >+ In? —18n +n

. -18n . -18
=lm =2 - m-——=-9
n°=18n+n 1-1% 11
n
Dap an B.

Cau 27: Biéu dién sb thap phan v han tuan hoan 3,333... dudi dang phan sé ta dugc:

10
3
3
0
100
3
100
TR
Phwong phap

A

B.

C.

D.
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Sir dung kién thirc vé tong ciia cap s6 nhan 10i vd han: Cap sé nhan [ui vo han (u,) véi cong boi g, sé hang

dau u, thicotong 1a S= 1
1-q
Loi giai
. 1 1 1
Taco: 3,333...=3+0,3+0,03+0,003+...=3+3.—+3.— +3.— +...
10 10 10
T SR ST T . 1 . 3 10
bay 1a cap so nhan Iui vo han véi u, =3,g=-— nén 3,333...=———=—
10 1_i 3
10

Dap an A.

Céu 28: Cho hinh chép S. ABCD c6 day ABCD la hinh binh hanh. Goi M 1a trung diém cua BC, | 1a giao
diém cia AM va BD, () 1a mat phang qua A, M va song song véi SD. Mat phang (o) cat SB tai N. Ti s6
SN .,

— la:

SB

A.
B.
C.

D.

Wik WINNFPE DNW

Phuong phap

Str dung kién thirc vé duong thang song song vai mat phang: Cho dudng thang a song song véi mit phang
(P). Néu mit phang (Q) chira a va cit (P) theo giao tuyén b thi a song song véi b.

Lo giai

Tam giac ABC c6 hai duong trung tuyén BD va AM cit nhau tai | nén | 1a trong tam cua tam giac ABC.
BI 1 ID 2
Suyra: —=-—=>—=—
BD 3 BD 3
Vi (o) va mit phang (SBD) c6 diém chung 1a 1, (a)//SD, SD < (DBD) nén giao tuyén ciia (o) va mat
SN ID 2

phing (SBD) 1a duong thing qua | song song véi SD cit SB tai N. Do do, SE-DB 3

Pap an C.

Cau 29: Cho hinh chép S. ABCD c6 day 1a hinh binh hanh. Goi M, N lan luot 14 trung diém cua AB va CD,
P 1a diém thudc SA. Giao tuyén cua hai mat phang (SAD) va (PMN) 1a duong thang:

A. Qua P song song vai AB.
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B. Qua P song song véi AD.
C. PD.
D. Qua P song song véi MC.
Phwong phap
Str dung kién thirc vé giao tuyén cua hai mat phang: Néu hai mat phang chira hai duong thang song song thi
giao tuyén cua chung (néu co) song song véi hai duong thang dé hoic triing véi mot trong hai duong thang
do.
Loi giai

MN //AD
~ |MNc (PMN) o ) _ i i
Ta co: AD (SAD) nén giao tuyen cua hai mat phang (SAD) va (PMN) la duong thang qua P
P e(PMN)N(SAD)
song song vai AD.
Pap 4n B.

Cau 30: Cho ti dién ABCD va diém M thudc mién trong tam giac ACD. Goi | va J lan luot 13 hai diém trén
canh BC va BD sao cho 1J sao cho 1J khdng song song véi CD. Goi H 1a giao diém cua IJ voi CD, K la giao
diém ciia MH va AC. Giao tuyén cua hai mat phang (ACD) va (1IM) la:

A. KI.

B. KJ.

C. Hl.

D. HM.

Phuong phap

Str dung kién thirc vé giao tuyén cua hai mat phang: Buong thiang d (néu c6) cia hai mit phang phan biét (P)
va (Q) dugc goi la giao tuyén cua hai mat phang d6 va ki higu la d =(P)n(Q).

Loi giai

A

Ta c6: M thudc mat phang (M1J), M thugc mit phang (ACD) nén M 1a diém chung cua mat phang (M1J) va
mat phang (ACD).
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Lai c6: HeCD < (ACD),Hell (IIM)= H e (lIM)(ACD)
Vay giao tuyén cua hai mat phang (ACD) va (IJM) 1a MH.
Pap an D.

Phan tu ludn (4 diém)

Bai 1. (1 diém) Tim céc gia tri cua tham sé a d@é lim (\/4n2 -5n+8 +a—2n) =1.

nN—+o

Phwong phap

Str dung quy tac vé gidi han cua ddy s6: Néu lim u, =a, lim v, =b =0 thi lim i:%.

n—+oo nN—-+oo N—+w V
n

Loi giai

(\/4n2—5n +8+a—2n)(\/4n2—5n+8— a—2n )
Taco: lim (\/4n2—5n+8+a—2n)= lim ( )

N—>+o0 N—>-+o0 \/4n2—5n+8—(a—2n)
i 8 a’
_ (4n°-5n+8)-(a-2n)" 4an —5n+8—a Y -
- nILer \/ 4 2 5 8 2 - nILrPoo \/ 4 2 5 8 2 - nILrEO 5 8 a B 4
n®-5n+8-(a-2n) n‘-5n-+8—(a-2n) \/4_n+nz_n+2

Pé lim (\/4n2—5n+8+a—2n):1 thi 4a4_5:1<:>4a:9<:>a:%

Bai 2. (1 diém) Cho hinh chép S. ABCD c6 day la hinh binh hanh. Goi M 14 trung diém cua SA. J, K lan luot

thugc BC, AD sao cho % = % = 2. Chtng minh rang SC//( MIK).

Phwong phap

Str dung kién thirc vé duong thang song song véi mat phang: Néu duong thang a khdng nam trong mit
phing (P) va song song véi mot dudng thang nam trong mat phang (P) thi a song song véi P.

Loi gii

BE

vi BC_DA

—=——=2va BC=AD nén BJ=DK, JC=AK
BJ DK
Goi O 1a giao diém cia AC va JK.
., . .. OA AK . G,
Tam giac JOC c6 JC//AK nén: oc- 1 =1, suy ra O la trung diém cua AC.

Vi M, O lan luot 14 trung diém cua SA va AC nén MO la duong trung binh cua tam gidc SAC.
Do d6, MO//SC, ma MO < (MJK) nén SC//(MIK).
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Bai 3. (1 diém) Cho ham s6 y = cosx+25-|nx+3
2C0SX—sinxX+4

. Chang minh rang 1—213 y<2
Phwong phap

Str dung kién thirc: Phuong trinh asinx +bcosx =c ¢6 nghiém khi a? + b? > c?
Lai giai

COSX+2SinX+3

Goi Yy, lamot gia tri ciia ham s. Khi d6, phuong trinh y,_ = : ¢ nghiém.
2C0SX—SIinX+4

COSX+2sinx+3
= =

Taco: y -
2C0SX—SinX+4

) (2y, —1)cosx—(y, +2)sinx =3-4y, (1)

Phuong trinh (1) ¢6 nghiém < (2y, -1)" +(y, +2)° > (3-4y,)’

<:>11y§—24y0+430<:>%l£y0 <2

Vay 1—213 y<?2
u, =2
Bai 4. (1 diém) Cho day s6 (u,): o= —u, +1,n >ineN’ Tim sb hang tong quéat cua day so trén.
2u,
Phwong phap

Sir dung kién thtrc vé cong thiic s6 hang tong quat cua cap sé nhan: Cho cap s6 nhan (u,) c6 s6 hang dau

u, va cong boi g thi s6 hang tong quat u, cta né dugce xac dinh theo cong thic: u, =u,.q"*,n>2.

Lai giai
Véimoi n>1LneN taco: un+1:_u”+1:>un+l+1:_u”+1+1: u, +1
2u, 2u, 2u,
1 2u, 2 1 2 2 4 1 2
= = =— +2= ——=- +—=- ——
u.,+1 u+1 u,+1 u,+1 3 u,+1 3 u,+1 3
1
Vo = ——n2lneN (v =-2v . n>1lneN
2 . . un+l+1 n+ n
bat v, = ——Vvoimoi n>1,neN = = -1
V= a4 3
u+l 3 3

N 7 4 A . 14 2 _1 by A -
Do do, (vn) la mot cap so6 nhan véi so hang dau v, = 3 va cong boi q=-2

S6 hang tong quat cua (v, ) la: v, =v,.q"" = _?1(—2)"1
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A X X Ze o ~ A o2~ A 1+(_2)n—1
Vay so hang tong quat cua day so da cho la: u, = W
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